5

6

7

8

9

AV AW/ N
KHHEIrAE R~ F kB GEFEEE (B =h)»
Hx

BF ax +b BRAS

BF Vazr+b BIRS

EH 22 +a BFAS

BE ax?+b KRS

BF az’® +bx +c BT

BF Va2+a® (a>0) BIRAS

BE Va2 —a2 (a>0) BFSH

BE Va2 —22 (a>0) BT

BF Viar® tbr+c (a>0) RS

10 8F /+22 #& /(v —a)(b—2) KRS
11 EF=RRHEHTRS

12 SAR=ZARYHRSY (EHP o> 0)

13 EHEH

15 2B Wi

14 SEMHREHIFR S

L E

k)

12

12

13

14



1 A% AX + B #9425
16 ER4

1 &8 ar+b HFRS

1
1./ de =—Inlax +b|+C
ar+b a

2. /(aa: +b)Hdx = - (az +b)* T + C (n#—1)

b
(k+1)

T 1
3. /ax+bdx—a2(am+b—b1n|(az+b)|)+0

z? 171 ) )
L /aﬁbdx_(ﬁb(aﬁb) ~ 2b(az + ) + 5 Infaz +b]] + C

dzr 1 ar +b
) =—=1
5/m(ax+b) bn‘ x ‘+C

dz 1 a ar +b
R c
/x2(am+b) b 2 n‘ T )+

)+c

T 1
7. /d:v—a2(ln|a;r—|—b|+a$+b

(ax +b)?

b2
ar +b

2
1
8. /xdx: —B(ax+b—2bln|ax+b|—
a

(az +b)? )+C

dx 1 1 ar +b
9. - o ’ ’ C
/x(a +b)2  blax+b) b2 M +

2 &F Var+b BIFHS

10. /\/aaz—i—bdx = ;\/(ax—l-b)i‘ +C
a

14



3 AH X2+ ARy

11. /x\/ax—l-bdx— (3ax — 2b)+/(azx + b)? + C

15a2

2
12. /xzvam + bdx = 10503 (15a*x? — 12abx + 8b*)y/(az + b)3 + C

T 2
. de = —(ax — 2b)V b
13 /m x 3@2(am Wazr+b+C

T 2
14. [ ———=dx = 2a%2% — dabz + 8b*)Vax + b+ C
/\/ax +b 15a2 ( )

1 | VazEs-ve
15./ r AN A RAY (b>0)
zvax +b _\% arctan /4=t 4 C' (b < 0)
dz \/aa:—l—

16.

x%/ax—l—b bx 26 :m/a:c—l—
17/ oz +5 de = 2vVax +b +b/

vvax +b
18 /\/ax—i-bd vazr+b
| ———dr = —
z? ac\/ax+

3 &8 2240 B

24+a?2 a

1
19. /(m—arctanx+0
a

20 / dx - T n 2n —3 / dx
(@2 +a?)r 2(n—1Da2(x2 4+ a2l 2(n —1)a2 ) (22 + a2)n-1

d 1 _
21./2“" — ]‘” a’+c
a

— a2 2a T+ a




4 &K AX?+B 9By

4 EF ar’®+ b BIFEY

Vab
1 Vazr—+/—b
s [ e <)

- dr ——arctan /5 4+ C (b>0)
' /ax2 +b

T 1 9

x? x b dx
2, [~ X gL 2 [
/ax2+bm a a/aw2+b
dz 1 x?
o5. [T _ g T
g /x(ax2+b) 2bn\ax2—|—b\+c

9% /dw__l_a/dx
“Ja2(ax?+b)  bxr b Jax2+b

dx a . |az?*+b| 1
2 —_— =1 — C
/ac?’(aﬂr:2 +b)  2b? T 2bx? +

08 / dx _ T n 1/ dx
") (az2+b)2  2b(ax?+b)  2b ) ar?+b

5 S8 ar?+bx+c B9

/ dzx B \/ﬁ arctan \/2% +C  (V* < 4ac)
+C  (b* > 4ac)

———dx =
2 1 2ax+b—+/b%2—4ac
ar?+br +c
b2 —4ac 1 2ax+b+vb2—4ac

T 1 b dx
30 [— % = —Inlaz?+b _ b
/ax2+b:1:+cx 2an|ax +bo +cf 2a/aaz2+bx+c

6 28 Vii+a? (a>0) BIFRS

dz x
— = d = VZ2 - a2
31./ — arsha—f—Cl In(z + Va2 +a?)+ C



6 24 VXZT A2 (A>0) 9y 5

32 / L G
’ (224 a2)3 a2 /22 F a2

T
33. | ———=dr=vVz2+a2+C
/\/x2 +a?

—é—f—C
va? +a?

34. /\/(362‘17@2)3@: -

z? x a’
Y dr=Nreaeeo & V2 + a2
35./ x2+a2dx_2 x2+a 2ln(x—l— 224+ a?)+C

2
36. / v do =
V(@ +a?)?

x
e +In(z + Va2 +a?) + C

d 1. Va?+a? -
a7 /I _lyEra-a
zvr24+a?  a Ed

dx VaZ+a?

38. = —
x2vVx? + a? a’x

+C

2
39. /\/m2 + a’dx = gv:ﬁ +a?+ %ln(ac—l—\/ac2 +a?)+C

40. /\/(az2 +a?)3dx = %(2:172 +5a?)Va2 + a? + ga4 In(x + Va2 +a?) + C
1
41. /x\/:r2 +a?dx = g\/(xQ +a2)3+C

4
42. /ZL’Z\/(L‘Q + a?dx = §(2x2 +a*)Va2 +a? — C%ln(al: +VaZ+a?)+C

2 2 2 2
43, /dezrmzwmmw
X

]

/22 & o2 /22 & o2
44. /mjadx— —u—l—ln(aﬁ—l—\/aﬁ?—i—a?)—f—C
x T



7 A VXZ-AZ (A>0) 98H 6

7T B Vii-ad? (a>0) RS

2 |+01 Inlx + Va2 —a?|+C

T
= —arch

45. /
VE—a

46, / dr - e
(22 — a2)3 212 — a2

x
47, | ———=dr =Vz2 —a2+C
/vxz — a?

8 [t - 4O

2 2
49 /\/;ﬁdm—;vaﬂ—oﬁ-l-azlnm-i— v$2—a2|+0

2
50/\/(2]}72)3d$: \/7+1H|$+\/$2—a,2|+0
Ir“ —a

51 / dx 1 a LC
. | ———— = —arccos —
vz —a® a ||
dx 2 — a?

52. = +C
2/ x? — a? a’x

2
53. /mm:;m—zmmwmuc
54. /mdx: %(2$2*5a2)m+%a4ln|x+M|+C
1
55. /xmdx_g\/m+c

4
56. /x2\/x2 —a?dz = %(2372 —a*)Va? —a? - %lnbc—i— Va? —a?|+C



8

SA VAZZXZ (A>0) HA5

22 — 2
57. /de—\/xQ—QZ—arccosa +C
x

|z
2 _ 42 2 _ 42
5&/nﬁﬁadx:¢araHMx+VPaﬂ+C

8 BF Va2-12 (a>0) BT

dx LT
59. /FQ — = arcsin o +C

dx x
/ (a2 —22)3  a?Va? —2?

oL [tdo = Va4 O
a“ —x

! C
Ve—2

62. /\/(aiixz)?jdx =

63/ g P+ aresin L 4 C
. —_— QA = ——\Va° — — arcsin —
\/m 2 2 a

T
— arcsin — + C
a

64/ z? d z
. €T =
@ -2y | V-

dxr 1. a—+a?— 22
65. | ——M = ~“In—————— " 4+
/x\/(ﬂ—x? a ||
dz a? — 2

66.

= - +C
z2va? — x2 ax

2
67. /\/(12 — x2dx = gvcﬂ —x? + % arcsin z +C
a
3
6. / V(@ = a2)de = £ (50 — 22*)Va¥ =2 + Sataxcsin - +C
a

69. /Wz e = _ém e



9 4H VEAX?+BX+C (A>0) 985 8

4
70. /xQ\/a2 —x%dr = g(Q:Jc2 —a*)Va? — 22 + % arcsin — + C
a

2 _ 2 _ 2 _ 2
- /de_m_x2+alna va' —w
X

]

+C

72 /md N
[

LT
r=———— —arcsin— +C
T a

9 BH Vitar?+br+c (a>0) HIFH

/\/ﬁ f1n|2ax+b+2\/5\/ax2+bx+c|+C’
ax xr C

2 b
74. /\/aac2+bx+cd;17: az—l— var?+bxr+c
a

LAae Y oar + b+ 2v/avaa® T b o+ C
n[2ax avazr T+ ¢
8v a3

1
75. /xdx = Var?+bxr+c
var? +bxr+c a

b
— In|2az + b+ 2v/aVaz? + bz +c|+ C
W | Vav |

2ax — b
arcsin

76. —— 4
/\/c—f—bx—ax2 \f Vvb% + 4ac

2ax — b2 + dac 2ax — b
77. [Ve+br —ax2dr = \/c + bxr — ar?+———+— arcsin —————+C
/ 8va3 Vb2 + 4dac

78 /md:z:——lvc+bx—am2+ b arcsinM+C
") Ve+ br — ax? a 2va3 Vb2 + dac



10 &% \/£574 3& V(X - A)(B-X) &9y
10 &8 /222 3F /(e —a)(b—2) BITRS
79. \/ﬁdx—(m—b)w/z:g+(b—a)ln(\/|a:—a|+\/|x—b|)+C

80./\/z__Zdaz—(x—b)\/z__Z—l—(b—a)arcsin ——

b—a+c

81./¢@_f;m:2arcsin\/i+c (a<b)

82. /\/(1: “ Q)b =) dr = 2”3%’(’ @—a)(b—2)

(b—a)? . Jr—a
+ L aresin b_a—l—C (a <b)

11 SFHEZARBEBHMARS

83. /Sinxdx——cosx—l—C
84. /cosxdx:sinx—l—C
85. /tana;dac—ln|cosx|+0

86. /ctgxdx:1n|sinx|+(}’
T T
87. /secxda:—ln|tan(4+2)+C—ln]secx+tanx|—|—0

88. /cscxda: = ln|tang| +C =In|cscx — ctgx| + C



89. /sec2 zdr = tanx + C
90. /csc2 xdxr = —ctgr + C
91. /secxtanxdx =secx + C

92.

—

cscxdxctgrdr = —cscx + C

93.

—

1
sin? zdx = % — isin2:1:+C

1
94. /costda::;+4sin2x+C

. 1. .- n e
95. /Sln”xdm——sm” Yycosz + —— [sin" 2 dx
n n

1 -1
n n

dx 1 cos T n—2 dx
97. — = — gt —
sin” x n—1sin" "2z n-—1/sin" “x

dx 1 sinx n—2 dx
98. = . +
cos™ x n—1cos" 'z n-—1)cosz" 2z

. 1 _ . m—1
99. [cos™ sin" xdx = cos™ L xsin Ttz +
m+n m-+n
1 _ n—1
=— cos™ xsin®ta +

m-+1 m+n

100. /sin azx cosbrdr = — cos(a + b)x —

1 1
2(a +b) 2(a—0)

/cosm xsin" 2 zdx

10

/cosm_2 xsin” zdx

cos(a — b)x + C



11 28 = A& H kAR 11

1 1
101. /sin az sin brdx = “2atd) sin(a + b)x + Na—1) sin(a — b)x + C
102 /o cos bxd ! sin(a + b)x + ! sin(a —b)x + C
. [cosax xdr = — sin(a r+ ——sin(a — b)x
2(a +b) 2(a—0)

arctan 3 + b

&2

+C (a® > b%)

arctan

103/ v _ 2
"Ja+bsine Va2 — b2

arctan § + b — Vb2 —a?
arctan § + b + vb* — a?

dx 2 Ja+b a—>b x 5 1o
105. = d
05 /a-i—bcosx a+b a_barctan< a+btan2>+C (> &)

+C (a® < b%)

dr 1
104. = 1
/a—f—bsinm Vb2 — g2 .

tan%+ atb

d 1 b —a
106. / S atoy, il G (a® < b%)
a+bcosx a+bVb—a tan & — , /atb
2 b—a
dx 1 b
107. = — arctan(—t C
/a2 cos?x + b2sin*z  ab e an(a anz) +

dzr 1 btanx + a
108. =1 ) C
/a2coszx—bzsin2x 2ab " btanz — a +

1 1
109. /x sin axdr = — sinax — —z cosax + C
a a

2 _ L, 2 2
110. [z*sinaxdx = x° cosaxr + —xsinaxr + cosaxr +C
a a? as

1 1
111. xcosaq:dx:—2cosax+fxsmaa:+0
a a

1 2 2
112. /x2 cosazrdr = —z?sinar + —z cosar — — sinazx + C
a a? a’



12 SHBR=ZAZHGES (BF A>0)

12 ZER=AFRFMHIRS (HF > 0)

113. /arcsin Eal:zs = g arcsin z +Vva2—z2+C
a a

2 2

114. xarcsingdx = (m— — a—) arcs.inE + E\/a2 —z2+C
a 2 4 a 4

3 1
115. /$2 arcsin —dz = % arcsin — + §(:z:2 +2a*)Va2 — 22+ C
a a

T T
116. /arccos —dx = zarccos— — Va2 —z2+C
a a

2

2
117. [z arccos Edac = <m— — a—) arccos r_ E\/(:L2 —224C
a 2 4 4 4

3 1
118. /x2 arccos —dx = — arccos — — §(x2 +2a*)Va?2 — 22+ C
a

a a

119. /arctan Ldz = zarctan = — gln(a2 +2%) +C
a a

1
120. /ﬂU arctan —dz = —(a® + x?) arctan T _Yric
a 2 a 2

3 3
121. /:c2 arctan —dr = — arctan — — ~g? + © In(a®+2%) + C
a 3 a 6 6

13 SEEHEHNTR

1
122. /a””dm = l—am +C

na

1
123. /e‘””da: = e+ C
a

12



1
125. /x"e‘””dx = —z"e’ — n /x"_le“dx
a a

1
126. /:Ua””d:c S a® — ——=a"+C

Ina (Ina)?

1
127. /a:”azd:r = —2a"ad" — o 2" ta®dx
Ina Ina

1
128. /e‘“c sinbrdr = ———e*(asinbr — beosbx) + C
a? + b?
1 .
129. /e‘” cosbrdr = ———e**(bsinbx + acosbx) + C
a? + b2
axr :..m 1 ar - n—1 .
130. [e*sin" bxdx = P TRCLI LY bx(asinbxr — nbcos bx)
n(n — 1)b2 azx ;. n—2
m /6 Sin bxdx
axr n 1 ax n—1 :
131. [e*® cos™ bxdx = prare L bx(a cos bx 4+ nbsin bx)
’I’L(Tl — 1>b2 ax n—2
+m /e COS bxdx

14 BEXNHHHBHTRS
132. /lnxdx =zlnhr—o+C

d
133. /:c =In|lnz|+C
rlnz

13



15 A7 S & F e 4R 5

1
134. /:c” Inzdr = ——a2" M (Inz —
n+1

1
n+1

)+C

135. /(lna:)"dx =z(Inx)" — n/(lnm)"_ldx

1
136. /J;m(lna:)”dx = mmm+l(1n )" — mL—i—l /xm(ln )" da

/‘\ S *

15 28N EHAFR
137. /sinh xdx = coshzx + C
138. /cosh zdx = sinhx + C
139. /th:rdm =Incoshx + C

. 192 T 1 .
140. [sinh® zdx = —3 + 1 sinh2x + C
9 z 1
141. [cosh® xdx = 5 + 1 sinh 2z + C
16 ER
142. /LT cosnzdr = /Q sinnzdr = 0

143. /”7r cosmz sinnzdr = 0

0, m#n

T, m=n

144. /Lr cos mx cos nxdr = {

14



0
145. /”,r sin mz sin nzdz =  m#n
T, m=mn
0, m#n
146. /g sin ma sin nedr = /g cos mx cos nxdr = 7
/2, m=mn

147.1, = /0g sin” zdx = /§ cos™ zdx

-1
In = n In72
n

NRT 1 HIERE), [ =1

(n
31w N " ™
499 (n j‘jJ‘_Eﬁ%ﬁ),IO:§

N | —



