Ft—r FIASEBAEFEX

“ §1 JFHIARSER

REAES, LR LG8 THSHIIAER. AEE# S RENBR, BERF L
ASHHER.
1. [MCM].&la,| HEELHS], EWMa) > 0,22 d > 0,4 n =258,5F

2(/ a1~V a) < j_ <2/ a - an1).

%7‘]—:\‘2&'% Ay+l — Ay = d >O’F)fu A+l > ay >O’Mﬁﬁ

— 2(a,1 — a,) 2d d
2( n - n) = = - < = ’
Gt ¢ vV An+1 + v ay 2 vV QAn vV ay

- = 2d d A i I .28 —
2(Va, = an1) AN >@.$%ﬂ%&gk[345]2000,3.28 29.
2. &’ak} &%ﬁﬁﬂ/&%d >0,mJJ a% >ak,1ak+1,(k 22)

3. Bla, ! EEH,a, >0,k =1,,2n + 1,0
a

< 41,43, %n-1 < a1
N azasry, az aq azy A2n+1 '
BREBUGHR: A% d > 05T,

172 12

al( a; + ay ) < 443" a 1 - _a1a3 (az + a4n+1)
~—

a\a; t+ ay, aa4 ""az, arazp+1\ az t as

#Hd<0,MAESRM, Y »n = 1 %S, W[345]2000,7:30 — 31.
4. Flay) HEE¥I,a, >0,k =1,2, 0+ 1,82 d > 0,0

n ua"—+1 n l —1‘ 71_1{ —(ﬂ)l/(n~l):|
(1) d[/a,,“1<2 <+ ' .

k=t Qr a a
2) 0< 3 Var - el - ad < /e - vaw.
5. #la,} HEELG, B a; > 0,0 d > 0,0
(1) Yn=28H%F
1 S 1 1

< < ;

2V a, g;x/ak-lh/?k 2V a
(2) X n=38,%F

2a, +v2d 2a, - (3-42)d d 4a, + 3d
2o, ti2d o 202m OGS o e < S g <t
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- 4(”6; 2 Jay + Jay. (ERH,[34512000,3:28 - 29.)

(3) Wa; >dR”>0,p HEELE, WY n>=m+ 18, BL
2a,41 +p>"“ : ( j;) ( 2a, +d )W
<2am+1 + y2 <k:I:["H b+ ag < 2am+1 -d ’

S8, [351]2003,2:16 — 19.

6. Wlal REZTFEI, AEJd=0NE n=208F,5F

Eak < ((n - 1)2)(ara, + aza,i1) araza,a,41) XH d = 0 BFES L.
#%%IJ Ba, =k, (1<b<n+1),18

,; (1/82) < & ;nl()n(i"l; 2) <1,

Ba, =2k-1,(1<kn+1),18 -
9 - +
,; (2k 1— 12 < (n3(413§4—n1) Y < %
7. Wla REFEEHF; 16, HFEWES, Ha) = by,a: = by,a,F a2,a, >0 (k
=1,2,),MH n =38, a, < b,. (R AEFRNE).
8. &la,! BHEHI % a >1,MHAZEd > 08, Hog, a,+1| B HEEBELS
Bp 1oga"(a,, +d)> 1og(a”+d)(a,, +2d).
F OBARES) nl TERAEN 1 WEELILEREXBRE » IAEAESHE
IEILLERAE d WEERF e, EX. HBUE2E §1,N2-3.
9. [MCM] i la,} WR ap = 172,041 = ap + (a2/n),k = 0,1,2,,n — 1,1
1-1/n<a, <1.
XERFERENMEE L MIEARE, IR T OREE RN, BE A mE
" Fik, AR5, 5T IERA

n+1

_n
In—kt2 Sy ISksn
BE=n,B015
1_l<___n+l< <1
n n+2 >4 )

.[345]1982,3:33. ' .
10.  ®ia, WR a2 = a, + a,41,8/5< ay <9/5,(8/5)2 < ay << (9/5)%, MR
FAE o, 8L (8/5)" < a, << (9/5)".

SR FIRCEIENE ETES S < > L <3
1. Bla, W ey >VB,8>0,a,. = (a} +)/(2a,) M a, < a,, HLn >

QV-1)"8t,E
0<a,-VB<n® (a=1).
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R BN % R R A 5,4 B = 28 A2 < q, < 1+42.
12. &la HRiay = 1. BEn=18 au = a, + a;'. MvV2n < a,
<V2n+ AR2)nn,(n>=3), ¥n > 485, TRV 22 THHERV2n + (1/72)log(n/4).
% G(n) =2n + (12)logn — a%, W G(n) H&EMHE AR, AT
}LYQOG(n) = c.
P F _ERRER ¢ 828 T AT =4
O  REHE;
@ XMEBEE m,n(n70),B0L |c—-m/n1>1/(10n%);
® XMFEAER e HRFEMER p,q 8 | c - L
W.[348]1991.8.%4 n > 14,58

0< G(n+1)-G(n )<

1

82’

0< G(13) < G(14) < = < G(n) < G(n +1) < G(13) + 2, g
k=13
TL[67]1P.12 #1[305]1988,95(7) :654;1990,97(3) :244.
FW oa; = 5,18 MM :45 < ajgn < 45.1.

13. ®W1<a;<2,a,e1=14a,-a%72,, W4 n=30,F1a, -J21<27".

2
14. B a,n :2—(;“{—1—),mu§12< a; <30,0<a, -2< 2", % aq, >3

(Yn € N)Bf,a,.1/a, < 3/4,
B R IRg.

15. [MCM] & a; = %,a,, = (1 - %)a,ﬂ,n =2,

kz(logk)

i)ak < 1.(1988 & IMO &™) .

BN HABAFAE a, 0B % k=20 a, + 2k - a, = 2k = 3)ap-
rEERPIRKS b = 2,3, n RIGHEMD.

16. #ta; =3/8,a, =a;+a%12, 0] 3/8<a,1<a,<172.

17. [MCM] & a; > ag,ar = 3ap1 — 2a; 2,0

Ay = 2"5a,41 — a, =2". (BN FHEFRGE.)

8. [MCM] #1a,| BIEKEREF, EZ(I/k)ak 1w2ak/k<3.

19. ®WO0<f<l,a;=1+B,a,41 = (1/a,,)+p.
ny 1<a, <1+8,(n=2) (8 ABEFERAE.)

20. [MCM] % a; = Lyays = n/a,, 0 2 (1/ay) =27 -
k=1

21. [MCM]ﬁaI:La,,H:1+aﬂ,n>1,mu Vn<a, <Jn+1 (n=2).

n



§1 FIIAR%ER 463

R RN
22. ®a; >0,a,,1 = a1+ (n’a,).

(D) él >3 HT B an1 > a,7(BRiH4RE R[31]P. 116 - 123)

2
2) Ha= 1H‘J‘,A/n—1+%+% a, <A/ n ia%+

T.[30511996,103(10) :912.

23. [MCM],#® a; = l,a, = a,.1 + L
n—1
Von-1<a,<+v3n-2.
(R ,1993,4:35).
2
24, [MOM] B aq = Loa, = L g, > s (1990 R RIS
).
25. [IMO]. % ag="2 0. = ag-+/ _ _
. Bag="TFam =ao v 1=V 1-ah,n=0,1,2,,by = 1,b,41 =
V-o1+b2 -1 i
b?l '

2", < w < 2", n =0,1,2,+,(1989 £E 30 J& IMO Hli%fR).
26. [MCM]. % ay = 0,a,4, < a, + a,, WAt ¥ 2 = m, 85

a, < maj + (ﬁ—l)a,,,.ﬁ‘%ﬂ,%al =l,q,>1(n=2)HBa, ,<a,+anMa,<n.

27. [MCM].#&la,l R a, > 0,42 < a, — a,+1,M a, < n% (n=2).

2
RoR:RAEEFERNE ZHA (1) = 2 - 22 B 2 <12 B8, T2,
1 1 E+1 1
an < - ai <5 - ) = G <Ee

28. Khinchin AER ¥ 1a,] HEEF].¢, =2 1,1 << n,c > 1,1
(S 1) 22D e,

leyt

Rf D) FRMITH ¢, =+ 13KF, W[125]Vol. 1:186. .

lsk}

29. (1) [MCM &s J2+«/2+ +V2 (0 MREE), S

f(n) DIJ %<f(n)<g—7; S, < S, < 2.
. NI . _ ina,, 1
iF 4a,= zn—’iz,mu S, = 2cos(2a,). BEEREE v f(n) = si:(Zaa,,) >

(2) ME:FHFa>1,%4S, = m(ﬂ‘/ﬂﬁ%),
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g(n) = E]g(n)ﬂgﬁﬁlll: TREZ
B4 a > 08E,S, ﬁiﬁﬂligsn = 7(«/451 +1+1).

3) #a=2S =+va,S = Va-va,S; = \/a—«/’a+«[(_z,S4 =

Vo g arda, KB RBENGERF] -, +, +, B 3 30,0

Sen+s < Sen+3 < Sens2 < Sen+13Senss < Senrs < Sen+e < Sen+73
0< S4< S < ** < Sgpra < Sgn+7 < Spug < oo <S$,<S =Va.

Eg)os,, = .G_g_l + % v da + ,Bsin(—:l{arctg fr)

AH B =+V4a —7.7[305]11993,100(7) :650.

i

30. 1&ao=1a,,4,1=\/2+a,,,|}-1u

0< 2‘— a, < ——«/—37 (3R ABCERmME.)

‘ 3,
3. [MOML S, =V2 43+ + 30 MU Syt — S, < (n = 2,3,)

(1985 4F IMO &R ). [99](3):49.
32. #ag=1,a,,, = sina,,N

/5
3n+ Sans n’

33. ﬁa] = 19an+1 = g—?&_-’mu% 7122,52_\?

31 - ($)"2] < a, < 3[1 - ($)"]. (JR[34811990,10:33.).

3. [MCM]. &l =gy<a; < a, << a, <, %

. 1
S, —E(l——
Va,
0<S, <2,(n=1,2,).
. g 11 | 1 1 1
if 0<sS, = ~—“’”———)= ———( + )(
Z; a \%-1 k=1 v/ ap \V Qi1 ap | \Waret vV a
1 1 1 1
L2 7— - )zz( - )<2
k=1 ay-1 ag

5. () = L f[<k ~2)n=2,0(n) = j F,(z)dz, W% n =2 8,4

I(n) > 51— 21n2 M 2 —;1(,1) =+ o0, (Gabovic, [4]P494)

n=1

36. Wa >O,f?§E[a,°°)J:}“E%iivﬁ?ﬂ?n*%ﬂ,llijgf(x) =0, zf(x) #£[0,%) £
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RIMEH. 4 0, = 2 f(8) - | f(2)dz, lima, = L.
_f(n) _ f(n)
2+(1/n)<a" [ < 5 -
(L Astra Mat.1990,1(3):3-7)
37. AFINARER:®%iaq, | IETHEF, Aa, = a, — ani1,8%, = Da, — Dagn B
Azdn) 0’ (Vn)’ mUﬂ:fan} #‘]ﬂﬁyu; E_‘ﬂﬁﬂ’ %“ Vl < m < k < n, }szz‘z_

o <=y AR QiR a, | R E D (1 +1) | A%a, 1< oo, WFla,| H
i n=0

n—m

BAESE S | Aa, | < oo, I la, ! IR BN 0, € BV a, | RAR

n=0

B, W ia,l € BV Binda,| BEFFFI. S

L(a,) = apsy — (r + a,1 + ra,(r >0).
X Li(a,) = A%a, BT . & L (a,) > 0, WK ia,! RFEF L.(a,) BOM;H
L.(Ina,) =0, (Ya, > 0), MHKia,! £F L, (a,) &% %™ # (Copson,E. T. ,Proc.
Edinb. Math, Soc. Il Sec.1970,17:159 - 164).

F o 2(0,0) FRIMEE, M a, = o(n) HOFF.

(1) [IMO). (29 J& IMO &¥E8E) % {a, | HERMAETLE S ay < 1,0
k=1

0<<a, — a,n <2/n°.

BT A b, = Aa,, FABETIE 0, | BEHE b, > 5,0, 0,12 Doy = D) (k)
k=1

k=1

> (S k)b, = (12)n(n +1)b,.
) ®la,| HHEOES,H o, > 0,Aq, > 0,42, > 0,0

% < 2(— 1)%a, < ag - %al.

k=0

(3) Nnson RER % |a,| HEFF, M
LS < S e M0, | I E TR

BR X k(n — k+1)A% -1 =05 k(n — k)A%,, = 0RF. (R[1]P.107.)
1989 4E , Adamovic, D.D. fE T#), W Math, Balkanica(N. S. )1989,3(1):3 — 11.
(4) &ia,! BEROFF],N

z (k+1)A%, < a,.
k=0

(5) #tia,! IOFH, {pt BRIEBSFRFESLEN pp = pupsisk = 1,,n.[r]F
A r BEEES. e = [(n + 1D)2), = [(n+2)2],1
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2 Py

1(& + a, )<k 1 ?(a1+a"),
ZPk

k=1
(W, Toader,Gh. ,Rev. Anal. Numer. Theor. Approx. 1992,21(1):83 — 88)
38. EMEIF?@JT%“YL W la,t AEHF, 2

Aay = u,0%, = Aap = a1 — ag- (E%ﬁx'ﬁmﬂ?lﬂ)

m m
A", = A(A™ la,) = 2(~ 1)m* [k Ja,ﬁ,kk,m =2,3,",
E=0

_ m B 1 n
S, = gak’ . On = n +1§ak. . e
(1) %Ajak >0 (] = 0,1,"',7}1),40(21 - al,Am+lak - OI)-I\IJ
SN+n N+ n n
ONtn , y '
S, m+1) lm+1
(Markovic,D. ,Bull. Soc. Math. Phys. Serbie, 1949,1(2):17 — 21)
(2) Hbo=-1,(-1)"A%y > 0,H(-1)"*A"*q, =0,k = 1,--,n. 0

<

(1+—nj\—])<

n

Y [:]bkak > 0.

k=0

(3) %b <_‘1;A"a0 > O!-E- A"—kak >Oyk = ly‘"‘ynyﬁw
(- 1)"2 [anka'k > 0.
k=0 Lk

(4) &b>-1,1700,n] BiESE, 750, n) E o KA, H fi(n) <0,k =1,-,
7’1’].:19'“’”-% (—1)Jf§¢j)(1)>0n‘j<1<n,mu
> [] 1l s >0
(N(2) ~ (4), . Drazin,M.P. ,[305]1955,62:226 — 232)
(5) ZEHEE ﬁmk’Mkﬁ1ﬂ‘mk<Aa < M,,n =0,1,2,- 1

1
E+1"

(R.[305]1985,92(6) :428)
39. BE1NR<a<2,b,=(a"+a")/2; N

. Sib, < 2m =271,
k=1 ‘
4. Ba, >b, ,BMIHE n > ne,H a, — ayy = b, = b1, HIXTEH n = no, H
., =b,.
41. ®a,>0,6, >0.a, >b,,BHXn>nobfa,/a, 1 = b,/b,1,0
an>bn (n/nO)-

1
k
< A%, << k+1M
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J0.[348]1989,12:18 — 20.
42, RIE ap, b, R an-1 < by < by < ag, 1<k << njag-g +ay =

bok-1 + by,
2n

(1) Z_")(%—Ja‘k)>0; (2) D (V" - aii) < 0;

k=1

n n

2n 2n
(3) DN —aliy>0; (4) DDkt —af7) <0,

j=2 k=1 j=2 k=1

43. [MCM].#% a; = 1,a, = ap_1 + (ap1) 7', W
V2n - 1< a, <V3n-2.

iE ﬁk>1ﬂ“‘|‘,ak~ak1+2+ak1,ﬂak>1 :J:%ak1+2<ak<ak1+3
1<k < n B SR SN I BP AT ARE .

44. [MCM].B&ES a,tr-, #,1,12,173,,1/n AHB 1 K, BES 6,11,
i B —IK. A, BB A o, + bk>ak+1 F ol <<k<<n—1,Ma,+ b, <L4/k.
A<<EeEn).

E 7Em MO (ap, b)) (A< E<m) H,a, = b, Biby, = a, PZ— RS MEAR
LF m 2% BN, by = ap RERDFm 2B PR MAZR,E b, X, 1)
BRAEL W b, <<2/m Filha; + b, <26, <<4/m ,Xi<m,fa,+b,<a;+b<4/m.

45. [MCM]. S a1,az,,a, BT EMAMHE 0, = 0,

lap 1=l ap +11,2<k<<n. W Day=-n7.
k=1

SR T T AT, A8 a2, = 2( i ) + 10,
46. [MCM).#|a! maﬁtgaaﬁ RUEHE N A Y 0 > N

S, = a1
b=1 Ak+1
47, [IMO).#tlay| HBHEF] a0 = 1,4 S, = ( <) % > 148, S, >

k=1

2, AH a = g(%)k

48. &ao=0,{a,,}J‘Ei%ﬁ,ian‘anq}ﬁm,lﬂ“an/n}ﬂlﬁvﬁ-
49. [MCM]. #ila, R O0< ay < a, <2a1,a7: < a3 <243, ya,01 < a, <

20,, I’J\IJE*'] S = 2("’ ak) *TUﬁﬁﬂ%Eﬁ% ﬁ1§0 a1
iE %ﬁ%)ﬂ%{f n = 151‘,43 Eﬁﬁﬁi &XTH:n/l\ﬁa29a39"'9an+l9ﬁ;€E

ﬁ/ﬁ”*ﬂs = 2(+ak)?’ﬁ/@0<5 <a2, lJO<S al,lﬂjﬂj‘0<5—a1 S'<a1

Ha <SS az<201’3:%5 =S -a1<ap; - a; < a; BBRIRKE.
50. [MCM].#%1{a;,,a,l & n PEAMRAMPELEE, & M = min{(q; - a,)*:
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1<j<be<nt, W
;;a% /.%/I(nz—l).
(H387E(9916-9:12 — 14 A T ZFRRIRYIEE . )
51. (1) Hita,! 5k MERNFES)
1, £=0 4 1, £=0
)\k_{a], k=1 Bk_{bl, k=1
ap-1 + Apa, k=2 beBi-1 + Be-a ok =,2
Fr>L s ATERBR, EVE>s+ 1, Ba, = by, A k=20, 0, =2, 0% £ > s B,
BOL Ay = By, 2 a = (b - 5) /2. 1EFR[345]1990,2.
(2) BEI iz, WREE: | 2,0 1<plzx, | +qg,n =0,1,2,-,1
P e = 2]

| (< p™ | |+{ . = .
Xy 2NN oy ng, p=1. ' p—1

52. [MCULZOL fle,m)<1,1< k< n, 1<m<kN il
Z(f%ﬂ)) <2NY flk,m).
KA D) BXFE T BIEOT (b, m ) KA. |
BR:A = ~,Ef(k m), M 0< ap < N, FIBCEIAMMEAER SRS a0 ér

(Da) <2N(2(kak).

k=1

(%6 39 RIS EF =, W[66],P. 409,475 — 476)

S35, ila,| BT expl(en) = O ae” W

-

(e +Inn) ™ < q, < (IL)H.
nn
l67]P12,75 - 77.
n n—1
54, la,| BRIEFBRBES, S S, = D ap, M Syr_y < D 2%ayt <28, — 2%,
k=1 k=0

BN B
55. #a,>=0,¢0>0,%48S,(q) = (—Imz(k+l)qakﬂﬂﬁ7£ﬁ'§kcq>0ﬁ

sup! S, (0)} < ¢, supls,(g)}. (4551[334]1984,27(6) :813).
56. ¥ f(x) = log,(z +Vz*=1),2 = 1,a > 0,a #1,% b, = f(n),

S, = Ué’; <a<2HW,S,<2"- ([2) (M[345]1991,12:19.)

k= 1

57, Bla ) HIEEEIS A< m<n. Nzl = (2 12 2) e =202+ ).
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.
n—m ]/2
(1) 0<(Z kai-rk+m Iz) <C1 ”I”;
k=0
Q 122
2) el <(2 lant zpen 12) " <eslzlls
. k=0
itq] Tp+l = = Tyt = 0;
n—m 1/2
(3) C2”I||<(Z|Iki1k+m|2) <C3”I“,
k=-m
itq:l Lepp = "= X = 0;
S 12
@) cllzl (2 1ot zpm 12) "<z,
k=—-m
KPP x , =20 =Xpe1 =" = ZTpem = 03¢1 = 2c08(w/r);

(ML[54]5:73 — 85)
58. FIT A% (Fan - Taussky — Todd "% R ) :i% 21, ', 2, WEH, S Az, = 2,

- zk+1’A22k = 2~ ZZ/<+1 T 242520 T ZysrZpil = 2
S 1/ L 1/
IIle,=(lekl’) ’,IlAzH,=(ZlAzkl’) ",
k=1 k=1

| A% |, = (Z [ A%z, l’)l/r,1<r< 0, lzlle = max | 2, I.
k=1 1<h<n

(1) =3 e = 0.0 Vm € N

k=1

el <D lae iz, <51l 4%,
(D) BRa=lanan " a, | RAAFEN 1 ST, RHEREF] 6 = 15,6,

bn""l’é’\ S, = Z”)aknnbk ,m =12, 2. ¥Vr€E N,EE_\_Z
k=1
Isl, (z;sk N Nal, - el

(3) FHax= (21,20, xns ) FEEFLHD 2, =0, | 2l oo = 1,201 = 21,
‘ k=1

Az || w >, )

A = 200 BT, = L% 0 = 2m L BAROTc, =

EiR(1) & Bellman AER HBE R, (3) 2 Northcott A3 BI BB

{EBH W, Monatshefte fiir mathematik,1955,59(2):73 - 90.

59. [MCM]. & (0,) LR EEF{f A TFTREL: filz) =, fr(ax) =
(fulx) +1/n) f,(x), MFFTEE—RIER o , FHEX FHA 2,0< £,(a) < fra1(a) < 1.

60. [MCM].i&x >0,FX
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fulz) = 2% H4t 0 A 2.
WIRTERE ke =3, fra(k) > 2f,(k + 1) (AEFEME).
1983 4, PMERIEH : 41 <z < exp(1/e) B, £, (2) < for1 (2); 0 < = < 11,
F filz) < f3(x) < = < fopi(z) < oo < fo,(z) < - < fo(x). W[345]1983,5:
28 - 29.

61. [MCM].iE A, =3 1n43;B, = 8% | n A8, NNFAE n, &

A, > B,. (1.1)
W EHERAREEPENEIEQN.) BB E Y, v s #15,iEH
A,.; > 3B,. - (1.2)

EhrE,n = 18(1.2) RERBT, % n = 2 BF(1.2) RXRL, B A, > 3B, T
L =k+1H,A = 3% > 338 =278 > 248 = 35 .85 > 3B,,,.

62. WHEFIz,l Bz, = f(a,-) BIEENL, FESEAERSa, (B f(2) =2F
LM a). 5 fRBMEEHE,E 2 < a B, f(z) >z, Mz >abfflz) <z,MUHz <
a B, |z, | RABE], T 2, > o B, |2, | REBHG], Blimz, = o fRBREL
B, % z < a B8, 8 fFlA(2)] >z, >abt, B f[F(z)] <z,

21 < 23< < xp 1 < <a< v <xy, < < xy< 22,8 }-EEI" = aq.

AR AR, W AG —E T £ i e RN E MBS R SR, filln,

z, (23 +3a)

312+a ya >0,91'J’_—9’|0<11<ﬁﬂa‘,xn~< I,,+1<

(1) "z >0,7,0 =

Va2 >a b REE R
BT F(o) = T 3a) yrra

3z +a
(2) ®a>0,z=va,z, =y ar, ,M%a>10,z, < 2,01 <Va,M2H0<
a <18, AEERME. (8R4, f(z) = (ax)P BRSNS )

31+ x,)

(3) B’z >0,7,4 = T LY 2 <V3EF, 2, < 2,01 <V3, Y 2, >3

it , NEFES K.
63. (1) a,b,c>0,a+b+c=1,20,5020>0,20> V2, KIIMRERFEH,
TNA AT, InAUR AR IR E LK : 2001 = @y + By, + €2y Va1 = To3028 , 20e1 =

o |
(i A L) U 2,01 < e < nnts Bl |yl 12, | BT R—AR

‘rﬂ yﬂ zﬂ
(®.[371]1993,66(3))
(2)  Schwab MAIRBR : HEFR a4y = 5 (ay+6,) 5 by = v bapman = 0,

1,2,"',(20,b0 > Oﬁj?%xﬂgﬁﬁu{an} \{bn} ﬁ:ﬁ Schwab ﬁylj,z:%i& bO > ap > O’JrlIJ
la,} B EER 10, BETER, BHai<a1 < <apy < iz < by < by < o



§1 FHAEX 471

< bo. lima, = limb,.
(EAH, “MERFEMRIEGE”, BIEHE B, 1992,P207 - 222)
64 WV >0,HIT %u%%} IR B U, U

(prk)(kzqm)<(mek)(z;qm).
k=1 =1 k=1 k=
"(Toader,Gh. ,Rev. Anal. Numer. Theor. Approx. 1992,21(1) :83 — 88)
65. Meir AEK % {a,l, | pp ] FIEBEZ], I
' 0:;aO<al<"'<an9ak_ak~1<plzvk:1"5'1713
1
P1<P2<”'<Pn’r>1’% = j(pk + pk+1)9k =1,,n-1,

S+‘1>2(r+1)9é\

'

F(s) = (G + DX gua) " F () < F (o).

(Pecaric,]. E. [401]11992,22(1) :329 — 330)
66. Fourier R AER : X f K Fourier REEE n THH

S, (f,z) = chexp( thr) = % + > (apcoskx + bysinkz).
k=—n k=1

1 2r » 1 2r 1 2n .
P ¢ = ZJO f(x)e *dx,a, = ?Jo f(x)coskxdx , b, = —ﬂ—jo f(x)sinkxdx.
LT ERERIE fE FE[ - mon ] B, EiR o)y ay, b, FRIFLSFEREDANLO, 27 ] 2K

[-n,7).

(1) % FR0,2x] EHMBEE, M a, >2;7 fRE[-n,n] EFMNMEE,H 7' (x)
ﬁﬁ,ﬂlﬂ azp >O,a2k+1<0-

(2) % fEE0,2n] LW, W b, = 0% f - n,w] LB by =0,b200 <O.

R ARG SE P EEHE.

(3) #H fTEO,2r) LHIE f BEER Ma, =0(n >0).

(4) & fRU 2z HREIRERESL R, N

| o 1<1Ra(forn/1 kD), Lap |, | b 1<o(f,n/k),

K w(f,h) = supll flx) = f(¥) I 1z =y 1< hl N fRIELEH.

(5) #fE Cy, M )
lj_20|+ Zn:(l a 1+1 6, ) <V22n+ DIl 1 ..

(6) % f R 2¢ HABIKRI AT HES,
¢ I<ﬁw1(f,7r/l E ) lapl, | by I<iw1(f,n'/k),
K w1 (f,8) & f S ESRE
j | flz+h) = f(2) 1dx:0<h < 6.

w(f,8) = sup
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(7) & fFE[0,2x] LA r MEZESE AL 20 M, W
l e, 1< 2#cu(f“e),nﬂ)(n >0).
(8) # fW R[0,2x] HERBERE,N
o 1S Lt (40 b Vi) R S0 D0,20) ERIRER.
(9) H P HE0,27] EBRESEXBTF Lipa (£>1,0< o« <1),

La, |yt b, 1<<cen HF9,
(10) Caratheodory RE 1% £ L4 27 M 51 LARHEST 0,
ba, 1< ag, | b, 1< ag, | ¢, 1< ag{n #0).1[57]Vol.1 P.71.
(11) Rogosinski A% R 1% 70, n) FRIFMMFT RS, HAEET 0,0
| b, 1< nby,(n =2,3,-+) B[57]Vol.1 P.71.

k70

DR P2 g 12
# k

exp(ikxr) = i(m — x),0 < x <2z, B, B fg B Fourier &

(12) ®f€ L710,2x].6, = > 2%,

BR:% g(x) ~ Zl

k0 k
BOMEHE | gl <<=l FI,, 8D
f" | fg |2<n2f" | £12. R[15]P.261.
0 0

(13) W fE€ LInL(T), T = (- =, x], N

0o

Y rhisar CJT | f(2) 1 log"l f(x) | dz. (I87IP.162.)

(14) HL A% (Hardy — Littlewood A"%ER): X fF € L (- n,7),1 < p <2,
S o 121k 1 1)1’-2}””<AP(K | f(x) |de)w; (1.3)

k=—o

Rz EEEF o} W

0o

Dl i kI+1)T2< 00,g22,

E=-o

W ¢, RAFEAD f € LTI Fourier 25, H
(" s l"df)l/q<Aqf 2 la kD (1)

b=-o0

B{57]Vol,2.P.109 - 110. B I T35 N.47(3).
FE:p = 18,(1.3) AR, BRWERRE T ARELZN Hardy £ %K.
(15) Hardy A%X:% € H(T),

S LA sl

k0

A T RHBEALEA.
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W ENET EMEEa(2) RA(1,0,0) BT, 46 a(x) HRE
) aBIXE suppa CIC[- n,7);
i) lale<iIi
i) [ a(z)dr =0, |
He I BHPOTFEx WIXE], | T FARXE I 8K, W% Hardy 25 8] B9 5228 S (B30 10
(87]), REXHERE(1,,0) EF a,IEH
;} [ ep(a) 1< c.

ST b FIF(L, 0,0) F a(z) WRMSA SR
| eua) | =|Jla(z)exp(—znikz)dt I=IJIa(z)[exp(—2m'kt) ~1]de |

<27rlkIflla(t)lltldt<27rlkllll.

Fﬁuﬁ (@) 1<2x 1 T 1.

Sila@i= Y (pra@i)s 3 (fra@i)= 3+ 5,

10 0<ikI<I]I” iz

21 EZEH11 l‘lIﬁ,Efu,El<27r [ 11«1 I17" =2z, FIH Cauchy N% = H Parseval
%X.F

2,<( 2 @) 2 57

= k11!

<c( i I cp(a) |2>m = C(I } |J[1 la(t) I“dt)m =c

h=—o0

TR E % I ep(a) 1< e,

kF#0

AW, Bk Hardy JRR IR E F ik (W[85]P.91. ) ERjH#EH{ L.

W.037611977,83(4) :569 — 645.

(16) Paley RERX: /% f(2) ~ ickexp(ikx) € H', i} & Hadamard /F#%1, B
ilzf(AkJrl/Ak) > l,ljw

Dla, P<cll £13, RI87]1384.
E=0

(17) & U2 AR, H £ € Lipa,Bi | f(z) - (M ISMIxz~-yl® (0L
a<<),Wta, <en 1 b, 1< cn™%
#FE(-n,0) EABRBAER W a, 1<c/n, | b, 1< c/n.
67. Schur F&ERX: % a, >0,k =1, ,n,q HTFTREX:
ﬁ(l—abr)’1= i n+k_1J

£=0 k

Qka »
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MR T A a, HELSH BB
(1D @G < qaaes ) < g?<gd? <
68. Folia,] HETHRTER: {q,l E@LT*&FE%EUEX%
lim 1 supa,, = inf(sup{ak}) liﬂi;lfa" = Sﬂg}l)(’gl: {.ak}).

M. (1) infia,! < liminfa, < hmsupa,, < supia,!.

n—=oco

(2) liminfa, + liminfd, << liminf(a, + b;,) < lirgloinfan + li»rgsupb,, <

n—=oo n—>co
limsup(a, + b,) < limsupa, + limsupd,.
oo s o

(3) Cauchy "EK: & a, > 0,0
hmmf Va, <limsupva, < lirrlsup a;”. .

71 n—eoo e} n

hmmf

n—»o00

2

£

(4) %Pn>O’P1>P2>P3>'“ Z E kPk<°°,ﬁ:EP€nEEX—1,
1 #{E,
"hﬂinf(%;ek)go < msup(%kzlek).
JEEIL56]P. 33. : |
(5) Cauchy RZRth o, > 0 AJHES T HEEF =, | #98E B

liminf | 2,+1/2, |<< liminf /| z, hmsup«/ | z, hmsupl Za01/2, |

n—eoo n—eoo

2R R ﬁ S22 Y ;_ﬂ 8
n 1
_Zl Zh+1 :n:l_1< 1110g|zn+11>_l10g|21|.

S om = hm inf | Zk+1/Zk | X'J'?:{f 8> 0,ilog !l z41/2 || FREBRIVNTF logm — 5.

[¥, &4 M = r%Lrg infv | 2z, |,UXEL e >0,{(1/n)log | 2, |} FELBREBHAKLT
logM + e. TRMES KK n, B

(logm) — 6 < %Elogl 1/ | < ntl
k=1

(logM + ¢) — %log l 21 1,

H 6,e BWEEM,S n— 0,18 logm <logM, Bl m < M.
(6) Stolz RE %15, | THEBE] 00, b, > 0, WIHEELEF a,!,5E

An+1 a . a . ay+1 — a
liminf 72— hmmf < limsup 7 < limsup ;77— .
n—»oo bn+1 - b n—+-o b n—oo b" n—»oo b"+1 - bn

¥ lim b"“ — * FPAECHIREL + 00) I, BB 410 Stolz R

+1 — 4
hm = hm "—_".
n—o° b n—o° b"+1 - b"

(7)) EEELEFaq, . F

liminfla,. — a,t < hmmf * << hmsup == < limsup(a,+1 — a,).

n—= n—+co
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N 1 n
(8) &o, = ;Zak,'ﬂﬂ
k=1
liminfa,, << liminfo;, << limsupos,, << limsupa,, .

(9)  Toeplitz AF X : BL45 1€ M s To 55 i) SLHE R

an ap Ut Qg

an an T azy
M= |:ees

ani an2 Ayn

WED XMIFEm €N, D | ap 1<A; @ hmZamm: 1;
n=1 mee
@ MBH 7, lima,, = 0. |

MM FLEEHFFS, | #liminfS, = S, limsupS, = SHHEAR, 2 0, = 2 a,,S,, M

n=1
%(3 )——(S S) < 1m1nf0 lirgsupan<%(§+§) %(E S)
69. [MCU].&{a,! ZIELEFF, N
fimsup 7 =4 1) 1T R AR,
iE BARIEE:, EFEFEN L EE Y=k, FB
n(m—l)él, (1.5)
aﬂ
an 1 an+1
B %> PR HER AR A
ag 1 Ap+1 1 1 . 1 Ap+p
R Rl k1 T 1 k2 T T p Tt

18 R AR K B R RIASE R (1. 5) ANBERLL. I, XWHE— Eﬁ’ﬂk VFEEEAD
n =k, {#1%

1+ An+1

(1 + A+l
n|l——— —

n

1)>1.E|] lirp.ovsup n( —1)21.

n

HTIEATHR 1 BEFN, BRI RER o, = nlon UXF 2 =22,F

1+aym )__1_ n+1 1 N
n( l—lnn[1+nln " +1n(n+1)}<1nn[2+ln(n+1):| 1(n

aﬂ
> 00) B—IE,EW a, = ', (e > 0), MAZHREFRITR BT IES

(1 + Qn+1

n

limsup —1):1+e.

n—>o00

70. [MCU].®&HH a, > 0,1

+ n
limsup(w) =e. (1.6)

n—o0 n
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iE FlHe = }iﬂ,},(l +1/2)", W8 (1.6) XL,

+ n
timsup( "1 5 ) = 1.

RARGES:, (1. 7) RABEAL, BIFETE no, TR n = no, B

n(al +an+l) An+1 _& _ a;
(n +1)a, <1.}>kﬁ'ﬁ5(ﬂ5ﬁﬁn>no,ﬁn+l n < n+1°
Ao = ng,ng+ 1, RISHINE

an a"O 9 1
- (- > ).
710 ( al)(k:l k)

n

% oo, MR lim =~ oo (KA a, > 0 WBEHTE
FREER TS, FIA & = }L‘E“* p/n)" ADEE(1.6) SR
i&ﬂ?;ﬁ‘ a, >0’p >O’D—|\U

a; ta "
(ﬂ) Ee”.

limsup
n—co n

(1.3) #1(1.8) XH T AMAGER2#E. B[305]1949,56(7):451.

(1.7)

(1.8)

71. Pachpatte "EX:y(n), f(n),g(n) HERELES,c1,c, >0,% Vn € N,

y(")< [Cl + if(k)y(k)][q + "i:g(k)y(k)]hﬁﬂ C1C2"i:akbk < 13%4:’
k=0 k=0 k=0 .

ar = g2 SR+ F) D g(k), b, = 1111+ crgll) + caf(b)].

1 C2bn
1

M y(n) < ——2— (IL[301]1995,195(3):638 — 644.)
1 - Clc2zakbk
k=0

n

72. [MCMI.i@LEBETR P,(x) = D, aa"* BREKNER, H ap > 0,1

k=0

ai

2"[(_ 1)"a0a,,]la< E | ap |< a()-(l - )".
k=1 nagp

(33 J& IMO H EAE B, B W H %402 1993.1:13)

¥ Copson N&R K HH#E [32011988,39(156):385 — 400. ZHEFE X N4 =

§ 2N36(3) 1 N37(2).

§2 ZBAHFX
1. [MCU].§m<p,(p>l).
_ 1 11
%m:ﬂﬁﬁm = (-5 1)7%-

2. ®1/p+1/¢=1,1< p< oo,





