BAE B ﬁ$%ﬁ

ABFIENSTR, BHERRETRGEH P, () MEAZTRGEH T, ().
EATA T R B TT AR HARE R B T ARk B f%[a b] EIELEREL, FRN IR R
ﬁ A

r=3lb-a)+ b +a)l.e(t) = f(F(-a)+ b +a))).
Mo R[-1,1] FESERE,HS ¢t = cosl,g(8) = ¢(cosd), TR g(0) = g(-6),
g(0) = g(0 +2x) ,BEATK g(6) FEHRAL(— oo, 00) EARHILL 27 AFERIR %K, g (0) FR
A f KB SERY. AT E TR 20T LU MR = A B TR RZ IR
RARH TiREERTTE, BRITERFENSHILR. AENABHEMELEIR, ELF
YI¥RJTRE AR R EERIS  UE T ZE TREAR ERGH o E R

AELEFE LA SEAMR R ENX, BTREEAFE.

1 —RREEHARER

1. [MCM]. &3t FREBELE «,Py(x) = aa? +2br + ¢ =0,Q(x) = pa’ +2qx

+r=0,H "% a,b,c,p,q,r BRLE, MIHEMLE 2, #0F
apr® + 2bqr + cr = 0. (1.1)

RN FEIE P AEBILL T e

SFRELE 2, Py(x) = ax® +2br + c 20 WIHELZHER a >0,c =>=0,ac - b°
=0, AT ATHER ap » or — (bg)* =0, FR(1.1) REPATBIE.

W)W Py(2,y) = ax? +2bxy + ey’ + 2dx + 2ey + £, MK FAIAE L 2, v, Py (x,
y) > ORI FRESRME:

, b d
1) «>0, |“ >0 c e|>0;
b ¢ i
A .
; b d
%2 a>0, Y 7l=0.1" %l=0, |“ ’>0,
boc d e d f
H(3a=b=d=0,c>0, e]>0;
e

Hd)a=b=c=d=e=0,f>0.

2. MMHWEAERE Py(x) = ar’ +br + c,iBE M = (dac — 62)/(46). MY a >
0ff,Py(x) =M% a < OB, ARESRIT VY x =— 6/(2a) WS HOL.

FH P, (x) REEARXE [a,8] £, a > 08 ,M < Py(xr) < max{P,(a),



§1 —BABEBTANEX 303

Pr(A) 1, T4 a < 08, min{ Py(a),Py(8)} << P(x) < M.

W fR2la, 8] ERBELEEEL f(a) = f(B) =0,f(x0) >0 (a < zo<b),WFE
WP P,(z) =ar’+br+c (a<0)Hy€ (a,B),FEWNTFa,p] FFH «,4EF
Py(x) = f(x),P(y) = f(y).

XEIPR AN FRE R B R, HRAE . AMET TR ER S A5, B
T, DR REGEITIE P E LRI RIS . T TR 2 IR B A BT 7238

(DEfx)=axr’+br+c,glx) =a+br+cc’, BEY I I1<1AB fz) 1L,
W g(x) 1<2.

E - EH () = g(1),f(-1) = g(-1),M

lg(1) 1K1, I g(—1) 1K1, 1 ci=1f£(0) I<1.

HIE | g () | <2, BATRBGER , RAFTE 0, | 20 | LER | g(20) 1> 2. MNP »
= g(z) WA RN (20,8(20)), TR g(x) = clx —20)* + glx) BHTF I 1- x4
| <1, AT, 1 g(ag) 1 =1 g(1) —c(1—2)? 1<<i g(1) i1+ ¢ 1<2. SBRIEFE.IEE.

(2) #fx)=ax’+br+cH, B a,b,c BBNEFHHa + b6+ c = 1,xF(E

& MER o BE Lo = L8 1] () > 1.
k=] k=1

R RIEN TREEER 21, 2,8  f(2)f(x2) = ([ x132))°.
A o= 2" MZERA A LEREH

T_]I fla) Z [V x10) fV232) [ poix) P = = (Fxixe2,))"

=[f(D]" = 1.

FHon 2" W ), o, PRAAETAECL FEEEH PR BRI R 27 E
BRI F(1) = 1 BIFTASIE. (1990 4F 24 JB 47 B UMK 5228 ) .

WP RIITAEM T HES R F € Cla,bl, f(a) = f(b) = 0,7 Fxo € (a,b) &
2 f(zo) > 0,MFTE g(2) = caua(x) + o, (co < 0) FAEAD y € (a,6),1H18 g(y)
= f(y),Hglzx) = f(zx),x € [a,b]. R up(2) EXATF R q1(2),q2(2) Bla,b]

M EESEETHER, 4 Qo) = | g(0di (@) = [ q(0drun(2)
= JIQ1(t)Q2(Z)dZ,3:%E’TFH?l,ul(x),uz(x)} K& {1, 2, 2% (JL[81]P350 — 353)

3. [MCM]. ZximgAER % Py(2) = Zabrk,Qa(I) = Zb;f,% P3y(-1)

=—1,P3(1) = 1,P3(z) EFXE(-1,1) EBEEER/ME -1 FEFE LT Q3(x) 1K1,
Vo€ (-1, 0E | 21> 1,8 1| Qi(x) <] Py(x) . (M[348]1991,9:35)

n

4. & P,(x)= D axt (2 €[a,b])Hn KEERETR. 4

k=0

| P, || =maxiiP,(2)l:a<<ax<<b},L(P,)= > la,l,H(P,) = max|| ap !,
k=0



304 BAE FIAFEX

n—1
lay 1y 1 ay 1HG(P,) = maxil, 25 1 a; 11,00:
(1) FEEFE¥EC,C, H/{XMNFE P, (), oL
“Pn l[gCIL(Pn)v L(Pn)<C2”Pn ”
iE AC, =maxil, |z, Lz %2, |z ", UNTFHRE = € (a,b], 8
| P(x) 1< D) lap | 2 1< CL(P,) MW || P, | < CL(P,).

R a,5] HEBERE 1 +1 08 a = 20 < 21 <~ < 2, = b, MFBA D) a2
£=0

= P,,(l']),(] = 0919“'971) E"J)?\ﬁ'ﬁ“yuf—tD%Vandennondeﬁ'?yuf—t,D7ﬁ0,Fﬁu a, =
Dk/D,k = 0,].,“‘,71.:_11%':;3 Dk %}ED E’J%k ﬁuyéﬂzﬁﬁIﬁPn(xj)(J = 0!19”"71) H"Jﬁ

XK. KT R D, RIS, ERAIERK a, = iﬁ;@P,,(xj),Mﬁﬁ-l a 1< E | B

x |l P, | J:ztxuﬂu HEC, = E(E | B ) BITER L(P,)<Co Il P, Il

k=0 ;=0

(2) Y¥a=38f, la*-P,(k) I (k=0,1,,n+1) PELHE~-ITRANF1.
#R  FBCFE IR R [345]1982,3:33 — 34.
(3) Hla,0]l=[-1,1],as =1 (E<n), W

o 501
2- (k-1 7 (_’ﬁ_)— (F n 5k BEEEHERD),
TR _q)n
> !
@ P, Il =+
(n—_k‘__l_)! .
2700 k_‘l)( +i_3) (5 n 5k WAHBHAR).
n 7 '
!
¥¥5,% & = n, 048 Chebyshev AZE X :
PR
i ERAEXT R
2
ér[1alx | P,(x) I - err[nn | P(zx) 1°> lza",,_zl .

@ Markov AERX:

(2EE )
olk=1) | TL - W P, I, & n— k H1EH.
k! (71 k)'
) !
fak f<<
gy (n=1) > 2 ||P I, % 7~k AR
. — — n s Fmn . °

IEBIR[60] A P.60. 4553, | a, l<2" P, s 1 @,y 1<K277 2P,
1978 %&£, Reimer, M. ¥ Markov AR BB ITLETHR .
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Po(x)= D bx* 0, ER x = (z(,,2,) ER .k = (b, k) RAERBEA,

lkI<m
=t Ikl =kt k,D=[~-1,11,%2 | P, | =max|{| P, (x)|:x € D}.
i) FEilki=m,H P, <1,0
| By 1<K 2m7
AP - FRk WIEFHERNEE . UEH R[327]1978,23(1) :65 — 69.
G) | 20 12" Pl 1 20 b I<27 2 Pl (m=2).

lkl=m lki=m-1

HEBA L[ 327]1982,35(1) : 94.

1

(4) %“ | Pn—1(~r) |,>/m

’(—'1<I<1),mu

| P,(x) 1< n.
127~ . | Lagrange FEE AR,
(5) #n A&, a, = 1,04 x> G(P,)H,P,(z) >0,TiY4 x <- G(P,) it,
P,(x) <0.

n—1

iE1 i’{x>G(P)B'J'P(x)>x—(ZIakII) ”l(x—zllakl)>
0,% r B — o, TELHEHE —MARER.
iE2 P,(x)EXE[-G(P,),G(P,)] E&HSE, X n HFL,FL P, (2) LR Y
WM TFXEL- G(P,),G(P,)] ZN.
2n
(6) AP(x))? = befrk,ﬂ0<ak<a0,k =1,,n,N

k=0

bur1 < [P (171

& BETARE, B byt = D a s Pu() = 2 a RIS

FPDE = 3(Vat+2 T aw)> 5 aw, > aol Dad) = by

£=0 << 0<k<;<n

-1
(7) &[a’b] = [O’IJ’bk = Zaj[. [] ’k = 0,1,”‘,71,51”
J

min{b,:0 <k < nl <P,(x) <max{b,:0< k< nl(Cargo A% ,1966).
(8) WP, (x) WFTAR 2, R | 2, 1< 1,k =1,2,,n,a, %0,

DTkl ap 12> (n2)D) | ap 12,
£=0 k=0
EBA L[ 305]1962,69:670.

5. ®P,(2)=Dlax" a0 =1,% P,(z) = 0 WIIRK 21, z,,H
£=0

(1) Walsh FER: | 2, <D, ta 1%, = 1,2
k=1
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2) 1 .<(1+4J Lag 1DV [ (L vt 2 1) <27 -V + 1H(P,),
A% H(P,) = maxilag!, ta; !, la, !l

(3) 1Tai<(+ia -1 P +lay—~ay 2 +la, —a,1 1>+ a, 12172,
(4) FH x>0,k =1,",n,01

a1, 2

A.__> 1.‘

apay, ="

-1

(5) #®R = ((}_, lap 1)/ 1 a, V) ,a, # 0, P,(2) = 0 KIFTEREHL

k=0

| 2 [<max!R, VRV, k=1, ,n.

6. #P,(r)= Zabz (x € [-1,1]) A n WERHET.

k=0
(1
(1) %F‘Jrl£-[);.‘(‘r)]2d~r = 17 MUXTJ‘T_ 1<]<1vﬁ ! Pn(I) |<(7’l + l)/“/z

N P(z) =+ 77\/2—9 (x) Hx = 1; 8l P(z2) =% nJ-?ls"(_ rHaxr=-1

(n >0) 0 %57, S, () TN Legendre BIRX AL EHE. B[56]Vol.2.P.110.

@ 8P, fEL- 1,1) LS| P (e)de = 1,0
k(k +1)72, 2‘571:2/8—1

P(1)<
\’(k+1) 22, E = k.

P,(— 1) ARG x4 ERAREEWE. JL[56]Vol.2.P. 111.
(3) ®P,(x)fE[-1.1] B3R H

[171(1—1‘)(1(1_1)!?13”(1)011‘,:1, a,f>-1, N

I(A,,‘,(w,ﬁﬂ) Ik+ta+DIN(k+a+p+2)

P Ta+ DI (a+2)T(RA)T(k+B+1)° n=2k-1,
n \#2“’*‘”1) I'k+a+2)I'(k+a+f+2) —2p
l Fa+DIla+2)T(k+ DI (k+8+1) "~ %

M o, B INIE, BB P,(- 1) M ER. X FRERGERSE. WI56]Vol.2.P. 111 -
112.
@ Baf>-LA[ (-2 + 2P, () Pdr = LI

1 IF'h+a+2DI'ln+a+B+2) .
208 L (g + 1IN (a +2)T(n + DI (n + B+ 1)’

[P(—l)] 1 I'n+B8+DI'(n+a+B8+2)
Sl (B + DI(B+2)T(n+ DI (n+a+1)

312 o = 1,8 = 081, B[ (1 - 0[P, () Pde = 1BE R

[P(D]) <

n+2)172

2

+2
P,1(1)<l[n2 ]; | P (=~ 1) <

1
21 J2
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X | RER RS IFEY. IL[S56]Vol. 2. P. 110 — 111.
7. Wm,MailEn REWAP,(x) Ela,b] EHBR/IMEMBEKE. i

k(k+1),% n =2k 1, ‘
,, ={ e Az
(k+1),F5n =2k,
m+(M-m)/a, < P 1 JP (x)dae <M - (M- m)/a,.

XRRAE—PEHEHERXLT » WEWMA P, (2) BMEER. W[56]Vol.2.P. 111.
B AGEm =0, Fa< < b,

P,(&) < JP (x)dx P,(&) < J P,(x)dr,

M P"($)<bi"ajp,,(:c)dx; \’i" JP,,(I)dr.

8. Wa>-1,P(z) = Dax* Jn KEREEHK. 4 2 =08 P,(2) =0,

k=0
E_Jooeff.r“Pn(.r)dx =1.%k=[51,M
0 2

'k +a+2)
a+DI(a+2)I(k+1)"

X ERARRERUEH . AL o« = 0B, P, (0) <<k + 1= [J]+ LTiMTF 2 =04
P,(x)< ([%] +1)e*. ML[56]Vol.2. P112.

9- i&a >_— 1’Pn(‘l‘) yg n Yki%\ﬁgIﬁiﬁv% J;o o a[Pn(l):IzdI == 1 ml‘l

F(n+a+2)
| P,(0) 1?< T(at DI(at2)0(n + 1) LS

10. &% n WBHAP,(x) FHRFKM:

| emporar = 1w por < A G ok < (50

6]Vol2. P111.

R[56]Vol.2.P111.

1. BE—HAFX (DR —MERBEAER) 1932 FEH/RELFE:
Va,Ve>0, EEHEAMEN n REEAFEZHA P,(2), 8 | P(2) I<
[H(P,)]" " a.e.x 3. H(P,) KIE X N.4.

1965 FEH{r A 7R IE R T B AR . (JL Baker, A. , Transcendental Number Theory,
Cambridge Univ. Press, 1975)

12. STHEEE > MEEEER AP, () = 2" —nx+n-1=204{0%2 =1
iS5 RYAL.

E REEFILFS RN, ZHKP, (o) WEFSAAREZ TR, EARERTA.
P (x) Tz = 1 AE—"EF S, T HELM—RLET A, A A ERIGIIE.

i RXRAEAAENEFSHELT, AT IRHEMAEL0E LS, Flin i
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(418 2.19 ##) Benson k.
13. [MCM].#% P,(x) = SZ)a,f HBRPEHA, T2

(1) & W(P,) FR P, (x) PREEATFEHANE, ZEETRR Q. (2) = (1+ 2)*,
kB =0,1,2,F i1 iz, i, BRREBELHO< i < i, < = < i,
W(Q + -+ Q)= W(Q);
(2) #FrAPLx) = m® IAFEBERB N (m HERED) N »r<n +2m.
JIERA W,[ 34511984 ,11:34.

14. &Pn(x)Zj(k—nx)z( J EFl-o)"* MYz € RLP, (2)< %

iE HFEERX P(z) = nx(1 - z), BN 4x? -4z +1= Qz - 1)>=0,18
(1l — x)<1/4.

15. Chebyshev A&R % 0<<+<1,8 >0,% A(Jc)=ik:|§—xl>6},ﬁlﬂ

(] - bl -x) 1
kGAZ(I) kJ (1= né? 47162
i FIAE—ARERN 4. FE € A, (z) BHES "x)2>1 5
E(] = oy k< 1 _ 2 ] F(] = 2) b <
ke%)m ka (1-x) \nz(yzk%ﬂ(k ne)?| et (1= 2)
1 < n n— 1 - 1
<n262§(k—n1)2[k}xk(1_1) k= I(nazx)<4naz.

16. Lorentz RER: % 0, = 0,0 < 2 < 1, W P,(x) = Dla*(1 - 2)"* K
k=0
Lorentz BTz, . 1963 4F Lorentz, G. G. iEBH , X TR E B RE r . FES r BXHERC, &
I PO < Cn Il P |1 ,RA, P L = maxil Po(z) 1,0< 2 < 1),
1972 4£,Scheick,]. T. X3 F r = 1,2, X MRS KN
172, Fn=1,
ﬁtn(I):{x_'_l;n;I’ %n>2
M Fo<<IR,A
(1) -2P(2)<P (x)<e-n-P,[t,(x)].
(2) 1P (x)'<2en(n—-1)P,[t,(x)].
1985 R M St — TN
Pl 1<<g<C oo
H Pff) ” _ {Cn q q
Len™ P, | »0<g¢<1,
(Jl | P,(x) 19dx)V?, 1<{q< o,

ECR T
JOIP,,(.r)qux, 0<g<1.
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B L{352]1985,12(2):157 - 160.

17. Bernstein EB=RE3:i% P, (2) = i art Hn WA E TR,

IPln(I)lg |IP|IC[11],( 1< x2<1).

V1~ z?
BR:4 2 = cost, BN n I=ZALIA:P,(cosf) = T,(6). RAE §3.
Bl Ra<z<b,W

, < n
| Pa(z) ] V{b-z)(z-a)
Hit2 ®a<a ;<6 <b,MVz€la,6,],F
| P () 1< Mn | Py || crae1- | PP () I<SOMER)E N Py | clane-

AP M = max{;ll_—a,b—_l—b—l}.ﬁﬁ nt B n(n —1)(n -k +1).

Bernstein % ~ A% 34 H TRARBEFR AR/ RAGH S 0 S KD, 7'
FRIFAYSEEMNEA TR EX TRENS, EEXETEN, I T 20 HE
A X E]_ ER KN, B T RS Z 38 Markov A%

1994 4£ , Borwein ZFIE B T 554 B R A9 Bernstein BIA 1% P(2) B (n,n) BISE
AHRE, HR SR a, € R - [-1,1], 1

z A ai—1
«/1_——;k 1l -
[317]1994,50(2):501 — 519.

18. Markov 7%= (1889):1% P, (r) &la,b] £ n RERBABETA, N

I Py Il cae1-

| P'(z) 1< ||P||c,x€[ 1,1].

(1) I P I!C\b (1.2)
R R BRI £ BSEPD () (k< 1) BFER
I PO 1 < 2t (n = k+ D2 B, (1.3)
(8% & > 2 0 RECRRB{EH, E BT R 2
| P, <2 Dol = k= 1D p (1.4)

(b—a) k-1
JERAIL(321]1916,77:213 — 258.
F O T,(x) = cos(narcoosz) H5E—2E Chebyshev BIR,. B[ a,b] = [— 1,11, 1]

n’(n? = 1)-(n? = (k= 1)%)
2k - D!

T#(1) =
FR(1.4) RAEMR
| T cpory < T 1Py | epors -

1982 4F , Bojanov kBl LR AR H C[ -1, 1] WEATBCH LP[-1,1]§fi8,1<p <
[327]1982,35:181 — 190.
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&nmglﬁ*ﬁanmm 1,11 WE n MRRBE A, 4
= -1 U U i2:Q% (%) = 0, 1<]

2 -1
; (T)QS,

n—1}.

|P5,k)(1)|<max
6 [_ lal];

it &P, (cos
%5 — Chebyshev zﬂﬁ:. 1.0332]1992,8(3):51 - 61.

},1<k<n,x

D<1,0<<a, M I PRI TP | . RHP T, (2) R

FET, ()BIFE 4,82 1 P(21) I<1,H | P{x) 1<V 1 - 22, WHEIZDS

B A% (Dyffin-Schaeffer A% ).

I PO | o< T (1) XY P, =+ T, &5 mar. W[327]1998,93(1) : 157 - 176.

(2) Ex[aab]:[—lal]amu

I Py Il cr-1.1) < 7 min I P, Il cr-1.11-

1
N W
v 1- 2?2
BRI, & | 2 1K1, | P(2) ISL L Py () 1<K n.

B, P(z) = ax® + b + ¢, B 1 2 1< 1, | Py(z) 1K1,
| P'y(z) | =1 2ax + b |< 4.

BCRR R P AE B se 3RA AR (ML[66]1P80 ~ 83)
(3) 1980 4 Podkorytov-Dynkin iEBR : 1% + >

| P(k)(x) 1< c(p,k)n*(x+ 2% - 1)"7(— +v 2% - 1)”“7 P, | pr

151<p< oo 5 p bk HREVEE c(p, k) BLUTETR:
MRV (p - D13, Hoeh M R 4nt 58

>1,1< p <o, M

c(p, k)<

(4) 1P o1 <#*2[maxP,(x) - minP,(2)]. 1<z <1,4551% P,(2)
> 0B, H

WPl et < n? 2P, Il ero1.7-
(5) P <22 syp
_ 200+ D(n + 1?7
I P <[22SRy p ),

AP1<p<g<oo,r=0/p) -~ /g), | + I ,#EL[a,b] EBL IL[55]P85.

(6) FXMarkovT%‘t.ﬁf FEL0,00) Figig, N
Jl_lfu P, (z) |)dx<f_1f‘[ Py Il oy | T () 1]
R T, (x) F%E—2 Chebyshev ZIiX, /.[339]1999,19(4):673 - 679.

1937 4£, Hille, Szegd 4% Markov A2 L2 - 1,1] 25[7]. HERH

19.
1P, <c(n,p)n® | Pyl .

(1.6)
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20+ 2y, =1,

X c(n,p) = 1 .
_ 51 — n— l+ .
2p =05 p e U B p
C(n,P)<6exp(1+%).(n >0,p=1); limc(n,p) =21+ - 1_ 1)"'l < 2e;
proo
2@, P = 13
lime(n,p) = .
" 2ep(p - 1), p > 1
F50% p = 28, lime(n,2) = 1/x. (Hille. 1937)
2
¢(n,2) = [n+ 372)] (n=5),
{ - —F -3 + R
n’r 12(n+i)2 (n+i)4
2 2

A H - 6 < R < 13. (Schmidt, 1943)

1 1 2y, 3 1,
C(n,2)<ﬁ[(l +- (1)L n)]1/2<ﬁ,

c(n,2) 2T n EW, B2 n > 648f,1/7r < ¢(n,2) < 1/3.
MY p £ 28, c(n,p) BREWMET n BETE TR, W ATHEH
P I, <n? 1+ )7 P, | ,.
J.[327]1990,62(2) :197 ~ 205.
1990 %, Goetgheluck. P. % (1. 6) Z¥G# R
1P, < 8) 2 n+BMPINP, N (P ,<cn? | Pyl ,.(p>1).
W1 el 2 1
ip = [Lo LR I g e L) 0T (1 2 0 YT
é‘;ﬁ—»ooﬁ#,c—»«l—%).
MarkovT%—Qﬂ'J% —HE R
TP, N, < T, 0,1 Pll o, 1<<P <00, R T, B5—2 Chebyshev ZI (R
AE §2).C(n,p) = H T, Il , REAEFH 530, C(n,1) =2n,C(n,) = n?
Ciesielski, Zb1gmew BEEHE .Y p > 20T,
T, 1, < n¥%). (1.7)

RF1<p< 00,%*‘% =1,0,,, = 22 W,ﬁﬁ%’ll< p<28t,(1.7) KA
k=1

HARER FHF 1.0330 . I, Approx. Theory (Memphis, TN,1991),P257 — 262. 5 i,
[327]11999,101(1)148 — 155.

Dzjadyk AER W w () WESEE(RE 12F),4,(x) =

EIP(x) 1 <A(2)w(A, (), Yz E[-1,1],1
| P () IS CA N (D) w(A(x)),x € [-1,1].

_ .2
Tl
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JEBI [ 71]P163 — 173.
20. 1989 EJHMFIERA % P, (2) REBEAREM » HrilEEm=, W
[ PRV = 24 << e | P I,

k 1 1
iﬁqﬂ1<p,q<°°,a=7+;—;-

1980 4E, Taberski iEBI: 40 < p < 18, | P, | , < e 1 P, Il 45
FH-1<a<B<1L, P, Il e,y <cla,B,p)n P, |l ,.
1987 48, M5 FiR GRS N

1 1
le | PO () A (x) Ipd:cgc,,PJ_l | f(z) 1?dz,
xH,4,(z) = ——171_‘—13 + #,ﬁ'ﬁTiman')-l'JﬁE%

PP () 1< el 8, ()1 * I fll .z € (- 1,1).
10,0352]1987,14(1) :25 — 28,1989,16(3) :245 — 247. F3RTEEEISBH LSS , 2B - 1,1]
HE.

21. & u, (z) & m B =2 Chebyshev I :

u,,(z) = sin(marccosz ), Q,(z) = (2 - Du,,(z),

P,(z) B[~ 1,11 k n RIWEEHR, % | P, || . <V1 - 22,0

(1) PP < QP (1).1[30911988,310(2):693 — 702.

(2) Bawlx)=0-2" Pt =%-(G52),k=21

PO, < I Q¥ Il 5., (Guessab, A %[32711997,90(2) : 255 — 282).

22. Markov FERA I BIZTETR AR F, B P, (z) = 2 aglx - z0)* £

181<<m

REARRT m WEBTR,B = B(zg,r) B 2o IO, r FEZHARK,0 < <1, 1
max | gradP,, 1< cr! max | P, |. (M®[329]1984,80:141 — 166)
1989 4 Nadzhmiddinov,D. ZHE T = A P LM A M Markov A%

2 2
B <swsup | D, 1 - 1Py T < B
Reb A WRE M, | - | K C(A) ERTH, D, 75 L IRRTISH b RERT

MBS . W[405],1989,46(2):76 — 82,159.
1992 ¢, Ditzian, Z. iEBA# D A R™ HF Fih&E, N

a
I gt |, < Cn? | Pl s (1.8)
I vV1-2?P(2) | , < Cnll Py |l s (1.9)
1P, I, <Cn® Pl ,, (1.10)

(1.8) XM p EEAE D EH T (1.9) ~ (1.10) P p EAE[- 1,1] EFRL, 1< p<Loo,
0[327]1992,70(3):273 — 283.
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1996 4E , Skalyga, V. 1. ZET R" hiy ik
Q=1lzr=(x1,2,) ER": - 1< 2, < 1,1 <k < nl EHIBIR

P,(x)= D ax"RH a = (ay,,a,) N n B, | P, (2) I<1,x € QN

lal<m

rneax( 2 | D°P, (x) IZ) < m;

lal=1

max max | D°P, () 1< m*(m? - 1) /3.
DL[405],1996,60(5):783 — 787.

23, BP(x) = O aut AR a, EEIERE NS £ > 08, T
k=0
=[P, (2)? = Py(2) Py ()] < Py (2) P, ().

AR B Py (1) = D) a(1— 2)5(1 + 2)"* BT ap = 0,0
k=0

(1-2Y)[P(2) - P (2)P,(2)] < nP,(x)* = 22P,(z)P’,(x).
JL[308]1988,102(2):284.
24. Schur 7%R:
(1) &P, (x) B n-1KAFBIA,E -1< < 18,F

| Poy(z) 1< =M

V1- 22

M#E[-1,1] £, 8 1 P,_((x) 1< Mn JEBARL[60] 5E—Mt P.214 - 216.
E M Schur A% EHGEHFTE Y Bernstein A XA Markov AR
(2) # P,(a)=P,(b)=0,n=2,0

1P et < g2%cte 25 1 Pyl cla

25, Love FHR:H 1 KIRHETAP, (2) = D ayrt MFAT AR,

(n = D[P ()] = nP,(x)P’,(z) = 0.
W.[305]1962,69:668.

26, Erdos FER % n WHRMETRP, () = D) aprt KA ESERIHN B
fEl- 1,11 4.0
I Py etnr < ren l Pyl egorann:
EOERE[-1,1)8000a,6], MASRERAE 2 KN b - a.
27. Turén RER:% P, (z) = k_EOabzk HIETE T R AR RS EEEL - 1,1] 4, C
RS L7 A - 1,1] B

W NP, e=Y2p,
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(2) 1976 4E Varma,A. K. iEH T FTRBITFHER .

71/2, %7’122,3,
1 n=2 -
- ’ >4E- ’
mimc> Ve L UL e i
C
n’ vn+1ln3 1 a1l

1- 1 , =5 Gy
oD mri ) TR T R e =S AR

(3) & L? Z5[A]H, Turan AER B ARG R
Pl = cda Py, (1< p < o).
P, (x) ZBEZH RAFAMTI-1,1] 250 ME n > k8, H
1P, =avnllPll,, (1< p< ™).
Hif o, RREFBEXRHIEFE.
JEB RL[110]P. 877 — 878,[352]1984,11(1) :28 — 33.
(4) 1992 &AL FEER C, 15
1P, I, <Cn P, Il ,, (1.11)

RP0< p<qg<o,r :l(1—% %)>0

VEFBIER T A KB AR E R, W[327]1992,68(1):45 — 48, fEH R, A BUH
P, (x) (ESHEE-1,1) WERH, (1.11) RKEBPBRL? XEH 2% T, BILAH M
MR ZER | Pyl 5w < Cn” | P, Il 4., JI71]P198. 575 L[ 158 P. 473 — 481.

(5) BP()EIxIK1HEEZE L MEL NEELEXIER C > 0, 15

172
| P',(x) I<< Cmini(k +1)n,((—/i—f—%ﬂ) I P, .

R[71]P174.

28. & P,(2)= ;"())akzk 2R |z 1I<1 EMERBETA, B

| P, || = max{l P,(z)|:12z1=1},[P,|l; = min{l P,(z) |:1=2 1= 1{,0

1 P, <nlP,l,
XY P,(z) = mz"exp(ia) (m > 0) BESHL.

(2) Erdos-Lax A ER % P, (z) Tz =1 NEPEEES N

TP I <2) P, Il

X4 P,(2) WFTAEREMET | = | = 1 RSB R, 1969 4 Govil,N. K. # LR
KA Py(2) | 2 ISRARFLR,RZLUWNTF I 2 I<LA

1P, <

=P, Il

(3) 1939 4F TuraniFBi: %5 P,(z) WETEZSHE | =2 I<SKLW,N
[P, =n2)|P, .
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1969 4 Malik iEB : 35 P, (z) WIFTE T SEE | z ISR <1 W, ) BsUAT#R AR

HP"H>1+RHRJ,
XY P,(z) = (2 + R)" Bt S BT

W.[327]1990,63(1):65 — 71, H[30111992,166:319 — 324.

(4) 1988 £, Aziz,A. Dawood, Q. M. ¥ _HREE RIS 35 P.(=) WA AHME
|z I<<L AL

P, Il =nllPl
min | P,(z) IZR"|| P, |l ;3

max | P,(z) I<R"| P, Il ,, (1.12)

Y P,(z) = mz"exp(ia) (m > 0) B EEE oL . (AR RBE R A A HEERA (1.12) ).
[P, =m2)(HIP, | + 1P, 1),
XY P,(2) =az" + U BI<] o |) BIES HAL.
FP () 2 I <1ABREES W
NP, | <(n2)(NI P, I = TP, I )s

max 1 P() 1< B p, ) - (B

WY P(z)=az"+pB (181=1al) Ha‘#vﬁ}u,%[327]1988,54(3);306— 313.
1991 4E Govil,N. N. X#—EHE K i

YI P, ;.

”P,,” =maxHP,,(z)l:lzl:Rf,”P,, I ) = min{! P,(z) |: 1 21=RI,
HP () zI<R(RZ=1) REFH,N
[P <n(n -1 (n-m+1){1+RIP, N = 1P, I ,);

FP () IBEEE | 2 ISKRA MY R IE,H

n
’ P, | >(1+R)II P, | YO R P, 1
1% P,(2) = (z + R)" W& BMIL; MY R > 18,
1P = (15 P+ P,

XY P, (2) = 2" + R* B8 5. W[327]11991:66:39 — 35. B W.[301]2002,269(2) :
489 — 499.

(5) #P,(2)= Zakz’z = anH<z—zk>,an¢o,n>2, |z ISR, 1<k < m,
k=

&R =maxiRi, R, 1S, = 3 S E R LS 0 > 28

28 1, 2la!S, R -1 R"2-1
||P"||>1+R" ”P ||+Ia1|(1 R2)+R(1+R,,)( n n__2 )9
25, la; | (R-1)"S
= s =2).
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UEZRBNY P, (2) = 2" + R" W55 57, JL[327]1990,63:65 ~ 71.
6) &P, (2)= Zn:akz”“k _ ﬁ(z C e R ay = loay = 0,0 >2.P(2) f

FR zkﬁﬂzzk—o EHFHE P (z)—nII(z—wk)E’Jzﬁwk{ﬁEEwk—Oﬂ:
%EQZ@CB@J?,QO%%{%MU HITE L. R = {zsopl KA P, (2 )Bﬁﬁ Rolle ££.

Schoenberg, 1.]. 5548 "Z_: Ly 12<<[1~- (2/n)]2 | 2, 12,404 %E Rolle &£ R HHLN

5L BAEA T ZME R E A AL (D = 3;(2)P,(2) = 2" + a2 * ATIHR;
(3) FTH w, HEH. W[305],1986,93:8 ~ 13.
(7) &P, ()R P,(z) = 2"P,(1/2).Rahman “F 1983 42 1, £ & BT

1P, I <Elp, i
V2

BEH 7 = 1,2 B, XA %R IL[308]1983,89(2) : 259 — 266.
20. W P,(2) = ay [ (2 - 2) (ay % 0) } n KEFR, 4

k=1

| P, || = max{l P,(z)1:1{z1=1}.
(1) Hlmni>2M=210<Ee<n),M
Pl <c-n-|P,I.

if e = (3 (D S E P2 = (4 MOT (M= 1D BSSR,
3
(2) #FHa,=1,12 I<M<L1L1<EL ,uj

M e,

’ n

BEELRN[400]11997,107(2) :189 — 196. 3Fﬂ[301]2002,269(2) :489 — 499.

30. ®P,(2)= Z’l:akzk An REZIA.
k=0
4 M,(R) = max{| P,(2) I: | zi= R}, | P, I = M,(1), 1
() 1P, +e, i P,O)I<nlP,I,
AP e, =1, n=20F,¢, = =7 +2,xﬁﬂ=/]\n, | P,(0) | HREERERE.

(2) MFHER>LE
M,(R) + (R" = R"®) | P,(0) iI<R"| P, I,
Hep 1 P,(0) | WRBERIERLK
(3) Frappier RERX: | P, | + ¢, | PO I<nlP,|.
R, =0,0,=V2 - 1,03 = 1/V2, i n=4,c, BRHE
(n+4)z* - 1623 -8(3n +2)22+ 160 = 0
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7£(0,1) AEME—R, XT8N n, | P,0) | WEKERERE.
1989 #E, Abdul, A. ¥ E RS R K.
NP, I < (n72)(M, + M,ip).

RF M, = max | P, cexp[i(a +2kx)/n] 1,6 € RN, B P,(2) = 2" + re“(| r I<1)
%5 A7 . W[301]1989,144(1):226 - 235.
3. Colucei RER HHRHETA P, (=) = 3 aw’ * FH—MREBTBILE
e M.
| PB (2) 1< k! m lag ! (I z I+ M)"*,

Hep PO(2) = P.(2),k =0,1,2,,n
32. #P,(z) HERFREORX, FAXMNFHELEK «,P,(x) =0,0

STPW(2) > 0,38 PO () = P,(x).

k=0

33. Newman $%E’C;

(1) # P(2) = Daw™, Qulz) = 2 ba"*, Ry(2) = Pila)/Q (),

k=0
0<k9j<na‘a0¢0ab0?ﬁoamu% n>5HTJ‘a€
iIIzlfmax Il x - R,(x) I<3exp(—«/7z),i;}f fmax | x |- P,(x) IZHL,(C >0).

R[82]P.149.

@ Q) = [] Lz + exp(= )] % n ¥ Newman 715t

MvYzx€ [exp(—«/;),l)],n>5 £

( ))\<exp( Jn).
(3 AR(2) = 2 TR st Q,(2) 0 Uk Néwman ST W%

n=58,H
Il z 1= R,(z) I<<3exp(—+5).
(4) & Q,(2) A n K Newman BT A, %

1 Q.(z) - Q,(-x) Q.(2)Q (- x)+Q, (- 2)Q(x)

K. (x) ‘735 Qn<x>+an~1<—x>}= [Q,(z) + Q. (- 2)T? ’

my K, (0) ~ Lot
exp(—/7n)
Jap(_fn) | K,(x) | dx <3exp(—-vn); J-ip(_ﬁ) | K,(z) ldr <1+ 6e'ﬁ;

R[83]P.149 ~ 154.
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34. Totk AFR:K P, (x) = H(I— ) N n KRBT, w(x) = (“)«/ 1- xz,J”JJ
ﬂ(laklwlaklz <2 Pl o

la, iz21

91[327]1990,63.121 -122.

35. B P,(z) R KEEREWR,E | P, Il = j:P,,u)e--fdx,% Vx>0,
P,(x) =0,

AR IFA ST
10,0305]1968,75:511 — 512.
36. 0 KIRETAP, () WFTH TSR HEMLFRE-1,1] 24,10
1 172

12,0 = (] 1P Pdr)

(1) f_lu P[P () Pdr < | P, |2,

XE P, (x) =c(1+2)?(1-2),(p+ qF# n) BESHRI;
(2) &HP,(x)&WLEP,(-1) =P, (1) =0,

, 2 £(2n+1)(n—1) 2
HPn||2<4 (27’!“3) ||Pn||

X P,(x)=c(Q+2)(1-2)""H P, () =c(1+ )" (1 -x)(c#0)K,FEFH
S4B F5 P, (1) MFFEEEELT (- 0, — 1) 3 (1,00) A1,
1P <53 H) e,

X P, (x) = c(1+2)" 8P, (x) = c(1 - z)" BHESH. WI110]P.879 — 890.
37, B P,(2) MFTASABRE BT~ 1,1 2M,08 (2) = 1 - 22,
) = =22, |, 1o = ([ 1R Pae) R, 1 = ([ 1) Pateda)

il

(1) 1P, = (/202 P, 11,
{04 P,(x) = C(1+ 2)7(1 - 2)%(p + g = n) BB,
. n 11 3\
@ NP > (55 +5m+5) 1P, s
(3) F 12 I1<13,4P,(z)= |l (z~-z), W
k=1 :

; 1 12
nawg4g+%+ﬁ)upwﬁ

4) HIT, () I<l,xr€[-1,1],T,(x) = cos(n arccosx ), N

1 172 P ” ”
1P < (1 57 77) 1T s 1P Lo S U T
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Varma, A. K. [327]1992,69(1):48 — 54.
38. ®P,,Q, WK -1,1] L n KREEWHA .2 € (-1,1)8,P,(x) >0,L7,
C (- 1,1] LB,
(1) # P, BIFTAZ S ER LAY, W
I P, il 1>
#P,AWREP,(-1) =P, (1) =0,
1= 25 (e ) e

F EBRALTANRAERATR | 2 1 <1 WRATARFRN, LRGSR

A
M.

1 L

[ eaoirl, <t <t teloii<

(2) 2 C(n,p) =sup

p< oo MFEER MAO< o < 1,68 1 - M€ < Clu,p) <1485, 5 p 18
RE m B, C(n,m) = 1,00[352]11988,15:267 — 269.

(3) HEEWAP, () WRE P, (o) RELFL AP () E(-1,) ARE—
ANFRLB - 1,12 P, (2) MR RE

Pn( )" Pln(l)
”P,, H1/3 P,,(l) P’n(_l);

#H-1L1EP, (o) WEANZEN | P, |11 <@4B3)P,(20), X 2o & P, (2) (-1,
D HFHFSIINE P, (2) =c(1~x )BT%‘??BZ_L 1966 4, Kuhn, H. ¥ IR RAET
#e5, W[41P312 - 313.

39. &’ P,(x)Ela,b] E n KREEBHA, L? 5C HEHAELa,b] LELN

() P, <<2nllP, Il (1.13)

(2) Schmidt A%=: | P, Hz\bzc | P, . (1.14)

KH ¢ = 3,0, = 15,c5 = (45 +ﬁ6_05)/2~42.6.

BAE 0 > 3684(1.14) KR BVIBL 7c, WhTTRZE D7 Schultz, M. H. , Spline
analysis( R4 ) LRt AR, 1979,P.8 - 9.

40. Zygmund FEK: X P,(z) A n U(Eﬁﬁgm_t,ﬂ g=1,1.

6N g r'(gs2) +1) qz o\ 1q
JO | p () 19d < Vx (g t1)/2)" J | ReP, (¢?) 19d8,

V¥ P, (2) = 2" &S WL, W J. Math. and Phys.1942,21:117 - 123.
41, BEBWMK P, (x) B FIRBHRRE L.

Po(x) = 1,P,(2) = 1+ | P, y(e = 2)de,

0<P,(z) - P, (z) <7% x € [0,1]. ([4]P398 — 399)



320 FAE SUWAAEKX

Z( 1)* (k+1)1*|d1<2.

42 (1) jl_l(_l - z*)"dz > (n%l)m >J%; (2)j

43. FHa<0< b,
fb | ij{abrk 1 dx<:2:; g | (ﬂ;—'ﬁﬂ)
UEBA W.[345]1987,1:37.
44. Swamy ¥ K :Fibonacci ZIM R FF| {F,(x)} F® XA :Fi(x) = 1,F(x)
= z,F,(z) = 2F,-1(z) + Fyo2(z) ,n 2 3, W n =3 B, 5L
{F ()2 < (22 + DA+ 2)" 2,
TEHA WL[30511966,73:81.
45. Bruijn FEX:P,(z) E 1 2 IK R(R=21) REFH,p >0, iC

2n . 1/p
1P, = (5] 1 PGy 17d0)

” Psik) H pgn(n - 1)"'(71 -k + 1)Bp ” Pn “ p

-1/

»
JHESWL[400]1998,108(1) :63 — 68.

LJZK & ia | p
A#¥ B, = 270 | R* + ¢ |7da
46. B’ P,(z) = D ape* Hn WEETR,
k=0

2r 3 1/q
1B, 0, =[], 1 Puen) 190t g >0,

(1) NPl e<nllP,llg
FHle <1, (e AZEBEEF),r = 1,0
2r . . 1/ 5
(jo | P,(re") — aP, (&%) lth) ‘<ir-al P,

X4 P,(z) = p". (B € C' - {0}) FSHL.
(Aziz, A. % ,Nonlinear Stud. 1999,6(2) :241 —-255)
(2) FEP,()TED={z:1=2I1<1{ AFXR, M
NP, <cmllP,ll,,,0<p<1,

1/p
nmz*(é’— +1)

2.1
F(2+2)

AP Cr = 2 (2x)” 17p = (%)
(jo |1+ e l"dt)
(Rubinstein, [305]1992,99(8) : Pro. 10255)
(3) ®O<p<gq,r=1/p-1/q, W
1Pl g <C(p,g)n [ Poll .

47. & P,(z) = iakzk Fn KE LA
(1) #ap=0,a; 0, WFHE—-ITHEHRI 6 C,(B P',(8) =0),{#8
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1
k_

YIP(8)I<Blal. YEEN

ap

RPEH B HWRE1<B<4,CHB, =2,8 =5,8, = 14,1981 4E Smale, S. 55l B,
ATEE 1.

(2) #P,(¢) ERMBENTEAE P,(0),(BIFE P () =0, | P,(6) iI=1),
W ay 1<<2,580 | 0, 1< 12. W[376]1981,4(1):1 - 36.

(3) &I,EBP,(z) B‘Jﬁjﬁg,ﬁ%ﬁ,KakeyaiE%:lim@f]‘n < ¢,c =2, Clunie ¥

Erdos IEBA V2 < ¢ < 2,18 ¢ BEB(EEEZ/71L[106]P49.
_(2k-DlU

(4) %“aO:lvak_ (Zk)” v|Z|<172¢1»mU
V2
| P,(z) I< .
AV a

48. WP(x,y) BOIOUUEREEIRA,FH » WEBKRE I m,y IEEKRECA 7,
HVr,y: 12 1<, 1y I<1,HIP(x,y) S MUWVar,y: 1 21>=1,1yI1>21,8
| P(x,y) ISKM(l 2 14V 22 = D" (1 y I+ vV y* = 1)".

L[74]1P237.

n

49.% + 1 BEMSTAFER B P,(2) = Dt e =2 1,%

£=0

1
U | P,lexp(2mit)] 19dz
| P, Il , =+ e
max | P,[exp(27it)] |, ¢q = oo.

1/q ,
1< g < o0,

1/

27'ka):| X

m

Ny(Paom) = £33 1 P, e
(1) SBHB:Em>=U+)n,2 >0,NEES m BREER(m),#15
N(P,,m)={1+c(m)]v7n+1.
P, RARETR, HER o, B2 (a, 1= 1,a,-5 = az, W Erdos A8 LI FE A
%itﬁi_\_‘[:
[P, l4=(1+¢c)vVn+1,c>0.
FrAl, A ap =+ 1,ATE ¢ = (3/2)' - 1. 1L{406]1990,310(7):541 — 544.
2 1P,y <vn+0.97.
Newman 5§28: || P, |, <cv/n +1.0< ¢ < 1. 1[305]1960,671:778 - 779.

Laurent, H. W[3EBA

0.18
||Pn||l<n+2(“/§_l)+n+19

P, Il <n +0.8250041(% n FoAAET).
.[40611997.324(7) : 765 — 769.
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50. Nikolskii AZR:4 Q, (1) = ag + 0, aw ,ap, A, € R1,0< p<%,A =
k=1

lr€[-1,1]: | Q(x) 1< U . BEFAERITER ¢ 0., H18 n(A) =2-p,H
exp(clnp)<53p| Q,(0) 1<<exp(conp), N

N

<c1<1 +qn_>)”" | Q,(y) |

c2(1+ gn)\1?
=P, ( ) ’

r r
AP r =minly —a,b ~yl,a< y< b,q >0 L! ¥ IEla,b] LB, (Peter,B. %
[321]2000,316(2):39 — 60).

o Q(x) SERBRBETL P, () WEERAN.
51, EG %t (Erdos-Grunwald F%R): /() = [[ (1 - 1Dp(x), 1 ¢ 1 £

1! 17p .
A=(C1LD" EXEHMEHc = <5J_1{1-12|/’d1) o2 Iflpa =

/
(il ) s = sl pa) 1er € L

Lflpa<cll £l w.

(Dryanov,D. %.[302]1999,3(3):215 — 231)

52.  BW A% (Bernstein-Walsh A& ) :i% A HC” FIEZHMEE, P, (2) A C”
o RERBETAR. Valz) B2 A EHIRERELAIINE A = {2 = (z1,7,2,): | =
1I<1,1 <k<m| B, V,(z) = maxilog™| 2y |,,log"| 2, | |,0

| P(2) I< U P, || 4 explnVa(2)]. (1.15)
K | P, | A &P, BRTEEA FH—B%. 2003 £, Dan Coman 2% (1. 15) KA T #H—4
BB FIHES . [ 308]2003,131(3) :879 — 887.

53. & P,(x) R n REWK, EHTEEE R

1P, = (| R Pe )
||P’,,||2<m——)llP |2+ 7 ||P 2,

XY P,(x) = cH,(x) %5, P H,(x) K Hermlte WA (WAE §2,=.)

JFBA 0.[39111987,49(1 — 2):169 — 172.

St WP = O 5 MEEA S, =0t Ee 0

k=0

@ = 1,01 =2 —e,a3 =3 —2ecos], J0< <1 -1n2 = 0.3068 B, XFFIEA K
¥ on, B
La, < e P,
(Conrey,B. ,Ghosh,A. ,[305]1988,95:528 — 533)
55. % P,(z)=2z2"+ayz" t+ - +a, HERPEEIR. o,(1<E<n) R P,(2)
A R, W
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lek|>2|a2| (EﬁEszO);

k=1

FHup(l<k<<n-1) R P,(2) HFEH P, (2) ES, N

Z|wk|<___._2|2klz

WIAT#JCEPH’J%’%ﬂé’!E?ﬁ 2 %Bu?iilzﬁjzaiﬂ?é‘m KHELR L. B
[305]1987,94,(7):689.

6. WP,(2) = S et Hn WKEETR, 5 LM
k=0

1 T 0 1/q R
(5] 1R me) T, o< <o,

| P, Il , = qmaxll P,(z) I: | z1=1}, ¢ =00

exp(ifllog | P,(e? | d@), g=0
W:(1) Zygmund RAER: | P, |, <nl P, 1l ,,iXH P,(2) = cz" B} ZS ML
(2) Wz I<18,P(2)#0.MXMFO< g< 0K
[P0, <nliP, Ml ,/II1+=2"1,
0.[327]1988,53:26 ~ 32.
(3) Aziz R"ER:
2k +1

w) (0<h<n-1) B2 +1=0WamE,i0
M(P ) = maxil P,(z,) 1:0<<k<n—1}.

© #PpP,(1) =01

P,(2)
z—1

XY P,(2) =1- 2" BF&S R,
@ #pB=0,P,(B) =0,N

& Zp = exp(

<OMP)<FIP o 1 P ISTMP) <SP, |,

max
lzl=1

A <—%M<P><—finp I
, PLp s M) <Eip )
% P,(z) = (—f—_p%)u—ﬁﬂz") = (e (L4 et Fr e f ) HESR

. PRRERY A BB, W.[327]1984,41:15 — 20, #1[339]1988,8(4) :555 — 557.





